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&fwl Aqguatio quam pro Tratoria Tmphcn jam
invenimus, ope methodi tangentium diretee facilli-
me inveftigari poteft. Valor etenim tangentis ge-

aeralis y yax oy sequalis eft ponendus gquanti-

Ay
tati &, unde b = ¥ Ve +dy +4° & faka debita redu-
4y
£tione, dx = dy 1./.5_“‘__ , eadem nempe-quam fupra
invesimus: §. 4.

Exiftente linea A‘T L ‘Circulo, radio » defcri-
pto, cujus quatio fit #*=27f — &%, ponatur tangens
MT=0b, habebitur comparabis aequatmmbus A) &
(B), dse 410

(ro—0)Vi—0* VI
dz= Yo & peradta mtegratmne z2=b Log (rQ-b),

rQ—b
undefi V fuerit numerus cujus logarithmus Hyper-
bolicus = 1, erit IV % =r@~=b.5 C.
: A Ex

X adeoque
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Ex eequatione autem (C) ervitur # = 747% ;;'My

i dz>

_(ydz—bd3)  Eft autem ds = Vdw* +dE*, &
= -
ds>=du - d* = dur +0° dur = v>du’ ) unde i 1taque
¥ —n®
dS"" Tdu! & ds ‘\/l -—(p dz szn/x-—@ z ddeoque

Vr’*u ! ‘;,/r

RN L el ), Erat autem #° ="3’(h M-y)z
: ds? d% ¥
ergo Tz-—-ﬁ.z:-ffz—_(jm’z'— &d’ja & ,.(_,2. du_z (I e @ )__'

d»>

", atque

rZ-u?

72 dz? —-(jdz—-bdy) quum vero {it r@ ~b= IV“

erit Q= N.b +8, atque hinc

et (ydz bdy)? = (l’ffj ddz — 5&7%&70’_31.—]— dydzz)z ¢

i dz*
(r* — (V5 -+ b)*) fubftituto loco du valore ejusjam
inyento: In hae quidem quatione non occurrunt
aifi fun&iones coordinatarum x & Y ipla vero &qua-

tio ad curvam pendet eX: 1ntegrat10ne inventze jam
®equa~-
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sequationis, quee fecundum regulas nobis hucusque
cogunitas integrari non poteft.

Ad Traftoriam vero Circuli conftruendam, fe-
guens nobis fatis commoda videtur -methodus: ex

sequatione (A) §. 2. eruitur
brdp — brd@ : le hu
o= T Nee e ioh = o mteorale Juus
(r@-b)V1-@*  (b-rp)/1-9* 2 ;
equatienis, quo facilius innotefcat, flatuatur

- Py .
He—VI—0Y —p, five 9= i, unde

@
dp = zbr_.’[) (b2 —:-ﬁ:)_’ Bigie. o sl
e 8 . G—ror—@2
2073 __ | cujus formulee integrale pro diver-

T brearppt

fis ipfarum r & b valoribus, vel abfolutum evadit, vel
a Logarithmis vel a refificatione Avcus circularis pen-
det. Quum enim deneminator b* — 2rp -+ p° bines fa-
dtores fimplices contineat, five reales, eosdemque. vel
@equales vel inzquales, five imaginarios, prout fci-
licet fuerit vel # > b vel r == b vel denique r <4,
- pro diverfis his cafibus integrale sequationis -

dsm=— 2990 eryendum- erit.
b* — 2vp-+p*
@1 itague fuerit # > habebitur s = ek 2 B
' U= eegrp o p2

A2 o ==
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1;‘)“4‘-6*?

VP \p—rmyr=F  prtyr—b )
I BT,
——X(ﬂog (P —=ryrr —b*) e
Vre —

br'
Log (p—7 ==Vr>=b* =)+ Co ——— Log,

Vr
o B
P'—'"+V”z'—b € ==
2 —r—~r --b") B ; V’r
ba— V1=~ 9= Vr — + C, reftituto va=
Za(:—V:—-cpz)—¢>(r+1/r 2 j2)
lore ipfius p == ¥ (- vi- o). ®*). In cafuo vero unF

#==b, ®quatio noftra in hanc abit formam:

ds == ?”'z‘ff__ faéta eadem fubftitutione’ quam’ fupra
r—p>*

adhibuimus; unde perata integratione ervitur s ==

4 C== 2" 4 C; & fi loco p adhibetur

¥ — p— 7

——

valor ejus fupra aslumtus: erit s == 3¢ G
: L-@-V1 @*
Si denique’ fuerit # < 6, @quatio allata
ds==—  2brdp L ita transformari poteft, ut fiaé
| b —2rp~-p*
ds = — .,Eff’”’!?.___.___ & fi integretur
e e S

Jus==
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abr

§ == < m—a—— Are, Tan —-—-__—_._._————f-fC' atque
Ve —r* : vé: o

reftituto valore ipfius p, habebitur s = — 25"__ —

_ Vb*—

Are. Tang. sy Pt O e Confichiddio

| PVh? ,
itaque Traétorie in quovis eafu innotefcit.

- Redtificatio hujus curvee ex fupra allatis facil-
lime determinatur; efat enimi elementam Arcus

dz = lr;dq:- » adeoque 2 = § Log (r@ — b) 4~ C.
o

Aream vero Traétorize eirculi == 4 ita determina-~

mus, ut elementum ipfius 44 =quale asfumamus

differentize triangulorum Ct7 & M Tt; erit itaque

dd=0CTt = A MT; 5 CTT MLtk __ rids'— bods

_-;— i 2 2
(§. 2), & fiex =quatione (4) depromatur valor
ipfius ds, erit dd== —¥’dp+br¢dp
z(b-—np)]/x._cpz
br (bg =1 dQ |
3 Gty quee zquatio, falta QDr—ué—ev,
hanc induit formam-:‘ d4 = -JC' ‘.'.'__5..2_. ).( __”1” ;

—
——
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E ooy 2 ___dv =, X ﬁatuendob-}-v-'w’ —1
* =G P
habebitur 44 == ap b(r* __1?’
Vet =ty

i ) b*
—_— —P—-:_ & integrando 4 == —— Arc. fec. p

o pypr—
‘/l‘(r -—-b") . dp
e e sz—l.{f‘vpz‘-—l‘-——b};)

Ad inveniendum integrale 'membr;i pofterioris
ponatur- p -~ Vp*—1 ~—q feup = 5,3 T1 »: unde

29
f&gr =SB L b:n—lﬂ)
a Z VPR —1 (n/p =7 —l’i?)
24y facta debita terminorum reductione.
yr=b)gP— v —b

Haec autern- formula reduci poteft ad aliam huic -
b (v b) 2 dg
qualem f B DT & pofite’ brevita«
. -

tls caufa’ r"": =z 'g* -atque multlphcato nume-
¥ —

ratore pariter ac denominatere per — 0, prodlt

[,,,_l_b zad
—~2a ?

cujus integrale lecundum Tes

gu-

— a2
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gulas cognitas eft %" T?. Log L e 4 Bii- by

e ad g—a 2y/718
: Fa=b y
) et Y o UL
log Sl B z')v:f b Log.
F=Vith o~ g o g=V(¥1b): (r= b)
7 -ub y :

& reftitutis valoribus guantitattm p & q, ernitar
= byr® - --_b_i Tog (rer-}v)\/i_b.*]/?%h/r“ G1o)*
= (rtotvyyr-b-yribyr*=~Gte)*

= Arc Sec.

r
Vr *— @+ Tor
Si fumto angulo NTM conftante, ubique fi f’ at

b -~ r@, Tra&toriam hac ratione onundam in Cir«
culum abire concentricum, radio Vi*— b* defcri-

bendum, perfpicuum eft. Junétis etenim punétis C
& M, ‘liquet fore angulum NTM reétum, unde

CM::\;’C‘T*-—-MZZ-—\H‘ r*—b> In cafu vero que
angelus WM T = go°, fiet b=r & Vr*— 6> =o.
Evanefcénte jam radio Circuli, ipfa Traétoria ex=
‘tra centrum Circuli- non extenditur.

-~ Paullo fimplicior evadit equatio, quam pro Tra-
&oria Circuli fupra'invenimus, non adhibendis ze-

quationibus (A) & (B) guantitatem @ invelventi-
bus;
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bus; nam ob & Mom o A JST erit mo (== dy):
oM (=dx):: MIS(=y-u):8T(=x-%), adeoque
dx (y—u)=dy (x —%); ex =equatione autem Cir-
culi ervitur £ — 7+ Vr* — >, qui ipfius  valor, fi
- fubftituatur in sequatione dy (y=—u) ==dy (x — ),
dabit dx (y — #) == dy (x —#— Vr* _u>). Sed

zequatio (C) §. 2 exhibet u= %j‘-_%ﬁ, unde fa-
%

&a fubftitutione bdx == (x — 7). dz —
yride® — (ydz — bdy)* fen (x — 5), dz — bdx ==
V(r® dz>-—(ydz — bdy)*). Atqui hinc ¢’ dz*—y* dz*
4 2bydzdy — b dy* = x> dz® — 2rxd2® + 7*d3* -
‘2b. (% =) dxdz 4 b* dx*, & facta debita reduitio-
ne dz (x> — arx = b*~+ y*) == 26 (ydy + (x =—17).dx)
= Vdx*+dy* X (&% = 2rx.+ b* 4 4>
: $ 5
Quod fi fuerit ATL Parabola eequatione #* =p¥ -

definita, ad sequationem pro Tratoria inveniendam,
polito ut antea tangente MT conftante zquali b, ex

sequatione (B) defumitur Vi - @* == _l_“. unde

L3
0= Vds_dut atque dp  deidsdds— didudds "
SEgenT ds*y/ds*—dz*’ w

valoresfi in squatione (A) fubftituantur, habebi
dz;z.dd:;dfézddqu J dx_’:%;? i bitur

R e T ¢




