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Ni—I...B—r+r1

F 7 onatur An.o =1 & Avr= I.2..7 .A'n,e

[umec o » numero quovis integro pofitive,
Quo paéto, li pror (ubfticuantur oumeri: z, 2, 3 €.
colle@is terminis ea ratione conficiendis notisfima
heec exfurgit feries coéfficientium binomialium:
Ifn.a, Aﬂ.!, lfu.z, 17;4.3 &JC cui fi fubl'cribatur fe-_
ries ex terminis wquidiiferentibus compofita:

a, a +0b,a-~2b6,a + 30, ¢, dudlis in fe inz
vicem terminis correlatis utriusque feriei, nova ob-
tinebitur f{eries haecce:

adn.o, (t'?‘[" b)/fn,r, (G"I“Zb)ﬂtl 2 (a +3b)lfu.3,€9,€-,'

cujus terminus generalis eft

(a‘l‘f’b)ju.r ;(a+7'£?).ﬂ.1’3—1”...72—-:_}"'{—1‘4“.0.
T2 &'
A Quod




Quod fi in prima & ultima noftra ferie fignum: -
preefixum fibi habeant termini valoribus indicis
hisce: w,, o,, o, &ec. debiti, fighum vero — termi-
ni, in quibus et r=73,, 3., B, €., reliqui deni.
que, fi qui funt termini, omnes expungantur, fe-
quentes exftant feries:

b= [ﬂu e, -+ A:z.et;"]" ﬂﬂ.“‘; &Cl = [/f”'gx + A”'Ba
14?'[.33 8{']

.F,: = [([l+ o l“) /4:1.64. -t (LE+ o, [7) An. e, EﬁDL‘]—-
[(@}pB.0) 4B, (at B.6) 4u.B. Ec.].

Quia vero tum ifte inter figna - — eligendi
optio tum quoque terminorum expungendorum re-
{peétus impeditamn reddunt geperalem f{eries hasce
fummandi rationem; boc fubmoturi incommodum no-
vum adhibuimus transformandi artificium.

Sit nimirum f (7) iftiusmodi funétio ipfius 7,
ut pofito 7 vel = a, vel = a, vel = g4, &, fiat
f(r)=1, nec non pofito r vel = 3, vel =4, vel 3, €.
Jf (r) =— 1, denique pro reliquis quibusvis numeris
integris pofitivis y,, v., ¥y, & in locum ipfius 7
fuffeétis f(#)=o0. Quo pafto erit:

-E; =f(0t,) ﬂﬁ.rx. + f(%) Aﬂ.ocz + f(L-») Au.aa; €sc..
Tf(B.)dn. BT 1(B:)4n. B, T F(B,) 4n.3, Ee.
+f(y1) ﬁn-?l +f(Y2)[-//ﬂ‘}’_ +f(YB)An'y§ 8{:"
=1(0) Au,o T () An.x 1+ [(2) An.2 E.

nec



nec non

.F’ (a+m 5) ]‘(OL )1411 0y +(a+0L b)f(oc,,) (fn o 6)6‘
+(a+B.b).f(B.) 4. B.A-(a+B.0)[(B.) 4p.B.Ec.
TCaty.0).f(y.) dn.y.-(a+v.0) f(y.) diy. EL.

=a.f(0) An.o 8+ f() 4. s F-(a+206) f(0) 4y 2 &0

Unde liquet esle:
T (Ez) = f(?")/f;z,r
£ (1’”‘- = (atrb). f(r) Au,r

terminos fenerales ferierum £, & I,
. f(r) = ar= . Quo’invcalu;elt
T () Air= Ay
T'(F) = Catrbyr, duy s (aFrbY i,y
Fa= 12 dso + 12 Asit 1Ay 5 E
= zi],-;,[: = du.1 “‘I" /f.z 2 6‘)96'

.F,: = .Ano r‘ (G"I"b)ffn.f + (ﬂ+2£’)ﬁn.z &e.

Exempl. 2. Sit f(r) = (= 1) ideoque
T(.Fu) = (-I)r Aﬂ,?, T(.F,:) = (ﬂ“]‘?‘b) . (- I)r .lfn.a'
Quo paéto, cum fit (- 7)2® = 7, nec non
(- 2):m*r = - 1), habebitur:

.Fn:(- I)odn.o + (- I_)[An.:!"l‘ (- I)Qﬂn.o’ .
-—Ana-ﬂnx"]‘dg,_,@

F,,:_.@ﬂu 0o=. (G"I"b)‘ﬂu 1 +’(£Z+2£’)Ifn
.ﬁxemplg



e ) -

Exempl, 2. f(@) = # (z+(C 1)) Unde,
com fit 3 (14 5°) = 3 GHG-DD) = 1@a¢-1)) =,
=1 (rk(-1)#m) = 1 (T+ =1, nec non (14 (-1)°)
=3 (1)) =..=235 (T CpamEr) = 3 (1-BH=0,
obtinebitur:

Fo= Auo + An2 + Au.4 .
.F;:-‘-ﬂﬂn.o"l‘(a—l-.?b) A .o ’JF' (G+4b) 111.4. 6995-

Exempl. 4. Fiat f(r) = + (2 - (- 1)) in for-
mulis 7 (Fy) & T(F.). Quo palto liquet fore
f(o) = f(.?) ‘“—‘f‘(ql) == f(,?.m) =.0
nec non (1) = f(3) = f(3) =..= f(em~+1) =1
Quamobrem erit:

Iy = A1 1{;1.3 -- 1{43,5 &c.
F;:(G'X‘b) ﬂn.:'}(a +3 b) an.g ’I‘ (G +5b) An.{j@s"c-

Exempl. 5. Ponatur f(r) = Cof(rg). Quo pa-
&o, ob Cofgmq =1, Cof gm+t2.4=-1, COJW’F}.Q
= Cof 4 mF3q. =0, erit:
T (Fu) = Cof(rq) du.r,
T (F,) = (atrb) Cof(rq) As.v»» Unde:
Fo = Cof(0.q) As.o Cof g Ay .1~ Cof 29 4y, 5 Ecs

= duo — Ay.2 T Az E.
&



F,: = aCof(O.Q)Jﬂz.a -+ (ﬁ’l‘f)) CO_/‘{]Z?::.I -

(a4 20) Cof 2 . 2+ (a + 30) Cof 3 s 5 €30
=a An,0o — (ﬂ'i- ”b) An .o T (5'}'45’) An. 4 &
Exempl. 6. f(r) = Sin(rq) ideoque

(k) —Sm (rq) du.r, T(Fn’) = (atrb)Sin(rg) dn.r
Unde, cum fit Sin gmq = Sin4 m+ 24 =0 nec non
Sin gm ¥ 1.g=1, Sin gm 3.9 =-1, obtinetur:

Ly = Sin(0.q) Au.o + Sing An.r + Sin 2q Au.5
= A1 — 1411.; -+ Ifn.j‘ &e.
F,=aSin (0.9)Av.o + (atb).Sing.4.r+
(at20b).5m2q. 4y (a}3.0)Singq.4n.z
+ (et 40b).Singq. Any &
:(H’i‘b)lﬂi.xm(a’f'gb)/fn,g—l-(ﬂ ’1‘56)14”.5 &e.
Exempl. 7. f () = Cof (rg) + Sin(rq). Quo
in cafu habebirnr:
T (F) = (To/(rg) + Sin(rg)) La.r
T (£) = Cutrd) . (Cof (rg) + Sin(rq)). du.»:
Unde, ‘com fit " f (0) = f(2) = F(8) . .={f(gm)
=f@W=/G)=70)..=f(4m*1) = 1, pecnon
F@ =16 = Fro).. = fambs) = £3) = £z
= f(@1).. = f(4m¥3) = - 1, ernitur:
F,g:ﬁg;g+‘;;r—~fj;:2“—1ﬂz3£,‘)’
.F,;-ﬂja 71 (G’I‘l’) /./{;1,;—"([3’1‘25)-1411.2“
+ (at30) G |

Excempl,



o 6 =m

Exempl. 8. Fiat denique f(r) = Cof (rq) — Sin(rq).
Quo pacto facile colligitur fore:
T (Fu) = Cof (rq) — Sin(rq) dn.v
T (F!) = (a}rb) . (Cof(rq) — Sin(rq)) . Lu.r
Fo= oo — Anix — iz 1+ Ass &jc.
F,: = Ao (G y [)) Ap 1 — (fl 'f‘ .’2[1) A2
"{" ([l ’I‘Sb) .Aug 85-

Schol. 1. In praecedentibus adhibita fun&ionis
£ exemp!a id habent inter {e commune, quod fit
P vel = + fr#s) = & flrd2)=..2] (rEms),
vel = ——f(r-]-s) =+ f(r¥zs) = —f(r+39)=.=
1 # ms) - (— 297, quodque £(0), £(2),£(2)s- -/ (5—1)
uunilos admittant valores preeter hosce: + 1,—1,0
Sic pofito s =1, obtinetur f (r) vel (= 1" in Exempl. 1)

= filr +I) = )‘(: —[-2)— =f(r+m), vel (= (——~1)"
in Axempl. 2) (1 f 1) =%f(rt2) =
T »I«n) (»ﬁ-l)’" —-f( T 2m), necnon f(0)=1° el
= (— 1} = pof'to.9~2 (ﬂ—f(r 2)=f(r+4)
= = fly o m) in Exemp[l I, 2, 3, 4 nec non
f(o )“1 f(1)~—o in. Fxempl 25'f (@)=0, f(D)=1
in Exempl. 4, vel f(r) = — f(r+2) = fatp
=f(rtzm) . (—1m=f(r+tgm) in Exem-
plzs i 6, 7, 8, pretereaque £ (o) = 1, f (1) = 0
in Ex. 5, J(0)=0, f(D)=1 in Ex. 6., f(0)=Ff(2)
=7 in Lv 7, filo=r, (D=1 in2Fv. 5.

Schol,
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Schol. 2. Exempla o&to formule F, fupra ex-
hibita Analyftis jam dudum fuere notisfima. Quo-
rum fi fingula peculiari prefixo fecondum ordinem
exemplorum indice diftinguantur, conftar esfe:

= (rfr=2%; *Fy=(1-1)*=0"(=0), excepto
zﬁ; =5 1)5 3EL=:} (lﬁ:;»—} 2E;):2ﬂ-1‘+% . on (z‘?ﬁ.;,
excepto *Fp = 1)i *Fy = 1 ("Fy —*F,) = 27
r— i.o” (: 271 I)‘ eXeepto 4}‘” fay O);

! Vi Yot bl 18 ]
SES = ( + ) L 7 l 7

‘F (z-[- \7?)3_ Ci = [/:\"15

7Ez = 2 ‘[“ an; g = E-Fn = GFﬂ--

Generalia vero fummandee feriei 7,, ex ter-
minis formee f (r) A,.» compofitee, prorfus defi-
derantur praecepta, in hac traétativncula, pro mo.
dulo virium, a nobis exponenda.

Quod attinet 2d feriem formee F., ejus nul-
la, ne quidem fpecialiora, exftant fummandi fpeci-
mina. Quippe quee, a pobis generaliter pertraétan-
da, fi ad calus fupra allatos adplicetor, ogdoada ex-
bibebit valorum fpecialiums *F/, *F’, *FE! *F!

N 2 5 2 a I = n? n Fia e
Efz;i n? JFn &J 8-Z}.."z.‘

-



§. 2.
THEOREMA L Au.yr = Anzir * Aiz o712+

L n.B-I..0-VT1I b
Quia eft 4;,» = Ay .05 erit

I..'...?‘
S Sl n-I B=2..~-7 Is ﬂ-’i
qu-r.! S """'I'"'; ‘\7"1) 7 -Arz-z.o: atque
s Wit M2 s BT ety
L_'r:-j,,.1= (i-—l) rj-:.Oi
Nl . N-2..0-TFI.F e
= (7 0. .4;;.,,0 s Unde

II2II

e

S o n-1 nz.n-l-i RN 2%
An-r-'!‘lfn.:.r.:: (7’“7')j.'z-r.o

M-2..8-TF+1I
1.2 ""'“-?An.t.a

i<

—_—

f.n-I.N-2..0-r1Tr
e R T T A S R T i S .Au-x « 0

T 2
= Au.r, ob Au-t.o = A.}.a =gl

THEOREMA H A_LT; Gls== A» r At.o'}‘ A, ‘1_-1/1#.:
¥ A7 Ai s %6, defignante u numerum quem-
vis integrum pofitivum,

Quippe



'Quipppe&(THFon.Uﬂm e= A AT
BT u-141 1 0 i‘ Af T - :T-— A i
':(Awiw-z-r T u-;u-z-r-r)Af.o
"I‘ (A;.ﬁu 2.;—: 'I‘ Anﬂ-u-s-m) A «-f
=D2ytu-2.r Ar.o n Au{-u_—z-r-r (dz.a + A’:.:)
'I‘Awlu Qe r =2 A.r.:
'5A151-zs-=.r z,o"“qu-rﬂ-z-TxAz.x’I‘Afz{-u-z-r: 22
=(A:-I~T}r ’}' -’7;1'11-3-:) 4
+(du-§-u-3 si el T + -‘4;1 Tw-3 . ’*.2) /]_‘ %
T(dituzerat 4itn-3 .73) 2 2
ntu -3.‘7'./72,0 'I‘ ‘Au-’;:s-g-r~: (-42.0’}‘15’2,;)
’I‘A.é—';ys 3-;_-_2‘(41 1+A2 ")'I'-Au}-u -3 .1 5”12 z
ntu=-3.7 30+A.r1-u3-1 3. T at - 3"_251 2
+A45a 5.7-3 4.5 Unde, cum hi valores fun-
{tionis A’H .+ pertineant ad formam hancce:

Au'}' %-v .rAu-oq‘Au-:‘u-v. ¥-r Au,; ’!‘Aﬁ,.f.,,_v_ ,.___2 v.2
¥t 4 uv.er-v 4s.v, fumto pro v -numero guo-
vis integro pofitivo; habebitur, fatto in hac formu-
la v = u, .
Am.r“—“‘qn.r Au.o i An :—;‘4 £ +Au ,_,‘A,‘_u
:Aﬂ.r/‘3,.01.0'{‘/11:.;?_1‘41:.:_{.{{1;.1"-2 i 265"6.

/
Scholion. 1In noftra fupponitur demonfiratione, e-
vanefcere 4,y fumto 7 > . €ujus adlumtionis ve-

ritas



— 10 P

vitas fequenti ratione conftat. Quia eft (Hyp.) in

a0
formula: Ay, » = o : , 1 uumerus

integer pofitivus & -7 numerus integer negativus,
erit ultimus faétor numeratoris # - 71 1 aut = o, aut
numerus integer negativus. Si illud, manifeftum eft
evanelcere formulam.. Sin hoc, inter faftores nu-
meratoris, feriem conftituentis terminorum, quorum
primus ultimusque funt numeri integri, pofitivus
ille , negativus hic -7t r, proxime vero infe-
quentem preaecedens. quisque unitate excedat, dabi-
lis eft intermedius quidam, qui fit =0, Quamobrem
& ipla formula pariter evanefcat necesle eft,

§ 3
Tueorema III. Si transeat, exterminatis, vi
Theorematis 1l, quantitatibus, Aipe.oy Aituez,
.ﬁu“u.z,- €9c, feries Foatw i Go.v = B;z.u.o An .o
F* Bi.u. s An.rF Bu.u.z./?n.z’f' €c.. nec non F, 17
inG.. u,=B,:.- ,,.olfn T B,:.u.:.zfiz. I'E'_B,:-u Y [ .z‘{‘@c.;:

~ 4

erunt termini generales [leriernm Gy, u, G, 0
Byower Bu o =[Oy Au ot f Gt A1 T G 1 2) a2
+ E5c.] Au.ry &
B! v dy.r=[@Frb)f(r) Au. o F (@Frir.0) [(r F 1) du.x
F(aFr2.0)f(rt2) duzt €c] dyr .

uia




Quiaeft £, =[f{r- 1) P il —2)Ah—u v 21€5c.]
T[ﬂl)/f“u y"'f(?'f‘l) A 1~}J+f(f’+2)dn~l*u riz7 +&¢ ]$
nec non fims = [(a}r-1.0)/(r-1) divu.i s
o+ (a'l‘;’_—-z b)/f?j r 2'1‘80 ]‘i‘[(ﬂ'l‘ib)f(?’)/{ F U
ok (aTr . )/( +1)A’“a r11 &9¢.], pro quovis valo-
- re indicis r; erit, vi TaEOR. [I, denotantibus R & A’
fummas terminorum a quantitate 4; _, immunium in
feriebus Gyu,u & G, . refpettive,

Gowv=DBo.vw.r dur+ R
[f(? I) (Ifu -1, o*-ju v An 114y 1_314:: 21'85]
T fr-2) (An rozfn ot dn vz Au VAL .;Ifu.zTE)C)
t E9c ]t [f(?) (dn.r Aw,or An v 2 Bu YAy 7 2 Au. 21 E9¢)
'lff(?"i' I) (ﬂn,r-}:ﬂu.a tdn v Aux T Aus 3 Ay 2 1E5c)
Tj(f"'[“Q)(AJ-;,'r—'i:}ﬂu.aT/fn.rfmdﬂ.J.'f ﬂr.rﬂn,g:i’@(f.)
78]
[ (’) A O*f(i TI).A,; ;Tf(f’+2) A ..,+899€] Ay A
t R, atque
G,:.u=B;.u.r/fn.r+Rk

= (a T IT.b) f(?'—I)‘(Ifu.r-JAu.o ) /ﬁa‘r-_ézfu.ﬂ 69.’5'-)"
: T(at ;_z'b)f(i-Q) Ay vz Aot An v 340,17 E5¢.)

¥ 36-]-1' [(a"'}'b)f(?‘)(zqu .rﬂn.a t Aﬁ.r o Ifu.:.'f' 86)

t(atrTi.0) f(rtr) (An 51 Au. ot Anor e E5¢.)

T(d ‘rTﬂ.b) f(i’"'l'.?) (/fn.m Au.a"r jﬁm AH.I.’

Tﬂn..r ﬂu.aT 86‘) T 8{,‘]
=[(atrd)




LS b ) ———

= [@¥rd) f&) duot CatFTi.6) f{rt1) Aue
T @triz.b) frt2) duz t 6] dir T R-

Unde obtinebitur

B.n %, rAn f""'Gil u-R [f(f) #,0 +]’(T+1)Au-i
'l‘f(f‘T:?)t‘i’u LY E‘)" ] Au », Dec non

B:x urAnr'—'—" nel = [(GT?‘[J) f(?‘) Ay.o
t (atria. b)f(r‘rz)fi’a.z'r(atr’r 3.0) f(rt2)du. s
T 86'] ‘415.r~-

Corollar. 1. Sit f(rtms)=f(r),k(rtms)=k(7), k(o)=1,
k(z) =k(2)=..=k s-1)=o0. Habebitur hoc paéte
Bn.u.r=f(7") [4u.o T 4u.s T Au 2s &s¢.]
5 fCTfI,‘ [Au.. T Ausia 1 4, 2st1 6575]
T f(f']".?) (Au._z T Au..s"‘rz'l'da.z.r-fz @5]
¢ T RN Sl S i, N

T f(1 ts- I) [ﬂuﬁi'/ju 25 :'I'Au 35-:86-)
"")‘(1)[‘{(0)*’4:4 o'i'k( ) ", sz(Q) u, 28{,‘.]

t frto) [h(s-1)u o Th(s)Au 1T h(st1)4y, 2E5c.]

§ f(f t2) [k(s-.,)ﬂ,‘ D"Hc(s I)A,, :’rk(s)z?u .63¢.]

T

T]’(TTS-I) [k [)zf“ oTk(--) T & T/n(S)Au s 18(']

Corollar. 2.
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Corollar. 2. Sit f(rfms)=(=2)m L), [(rdems)==(=r)m  I(¥).

o)=r,l(1)=I(2)=,={(s-1) = 0. Quo in calu erit
Bu.w.r =f(’f') ,[ﬂu.o- Au\.: T Au.as Eﬂ"ﬁ']
+f(f I) [ﬂu 1= M. s I'I“Zf:z 25% 1 86‘]
f(?'52) [An 2 -ju s‘z'l‘ﬂﬂ 285t2 69’&]

'1‘ f(fTS-I) [1573 S- I-/fu z—.s—_:’f‘/fu G :jC]
=f(r) [{(0) du.o} 1 (7) Au.x T 1(2) Au.2 E5c.]
- f(D) [ (s-D) Ay T L) i ofd (sF 2)A 2 E5¢.]
- f(?I‘Z) ‘[1(3-2) Hu. o /(J-I) Ay LT /(-‘)I{u.z Cfﬂ']

SRS ) A U A ) A 55 800

* Corollar. 3. Biowr = ¢bBi.wr + (afr) du.o
’X‘(ﬁ'!‘b) f(r’Y‘I)ju I’E‘(ﬂ'l" é) j(f"i"-d)liu 2'1'86‘)

erit, in calu Corollarii 1z,

= ben_u.r
T f(r) [adu.o F (atsh) Aus F(at2s8) Auias €3c)
* flrdr) [(@rb) Aur * (atsti.b) Az

(@t z25F1.b) A asts 8]

’}'f(?’":".?) [(G’X'Zb)zfu.z 'f' -(Gfm.ﬁ)du.ri‘s
T @i 0) A |

£ fletenr) [k b) As ot @ton-1.5) dug s
T ([l 'l';;-:_l é?) Jﬂ._;(—i-; @C.J

= rkh



A . e

=70 By u.r
1A\ [a.k(0) L. o7 (atl). k(D) A s (aT26)k(2) Ay, 2E5¢.]
tfrto) [ak(s-1) Aiot (@T6).k(s) Au.: ]
'i*j(ri'z)[a k(s - 2)Au oT(d']'b) k(s - I)/fu 1851
T (@t20) B(s) Hem £90) 5o
tf(rts-1) [a.k(D) Aio T (ath). k(z)/fu
T (@ts-2.0).k(s) Au,5-1.650]

nec non in cafu Corollarii 2,

= ?‘bb,n.u,r
T f(r) [a du.o ~ (aT50)Au. s T (@at25b)Au, 25 €]
T firt1) [(atby due — (@t sti.b) 44,573
t (atzsti.b) Ay 255z €5¢]
¥ frt2) [(at28) A2 — (atste.b) 4 553
t(at2st2.0) u.2572 6] . . 3T A1
y frts-)[(ats-21.0)du. 57t (aT2s- rbﬁu V25 3
(v (d'l'_;.ft b) Ay .38°1 801
— ?‘an.u.r
'l'f(?”) [a'.l(o) Aol F (ﬂfb)-l(]) D T 83]'
-f@rtn) [ad(s-1)Auo T (ath).1(s) du.: 6]
- F(rt2)[a. [(s-2) Aus T (atb). l(s—-I)Au :
(ot 2) L6s) Aie &6 -0 v wiv b
s frts-n) [a. i) Ao T (@T0). 12 Au.:. .
T @ts-i.0).1(s) du s E5¢].
§ 4




] —15 o

§ 4
Tugorema IV. Si fuerint, funétiones:
f(i"]'ﬂ) /1;1.:-, k(i""'v) A.-s.r; l(?‘TU)d.;.r; ;
(atrd) . f(rtv) dur, (atrb) . k(rtuv) i)

(atrd) . [(rtv) As.r; termini generales ferierum,
quarum fint fumme relpeétive pofitae:

EJ.‘U, KI.UJ L-‘i-v; F,:.,,, Kr:' ¥ L;.,,‘
erit, in calu f (T ) = / (),
‘FHT& = EI.O-KR,D j- ﬁ;z.r- Ku,ﬁ T E}.g,]{u._‘;:-;
L2 T . . .t FS%. K., fimulque
P =Flio. Kuo t FLs K53t B K
Braen smafieuk tnmvels ae sl £ vore M,
Vo Koo T B sl st KO, 78
b A s s s i i e L
‘ - a Fitu; & in cafu f(rts) = - f@),
m = Fn.o-Lu,o = [E;.I . Lu,_;_-—; T Fn,g ,L“:s_.::-'
T..% Fu53 Li.s], fimulgue
e B el o G S B o E o B
¥ty LI L Eed)
T Beso bl s s it Funalsia
B B o) ot gt Sl S T
-afstu -

-

Quia



Qula funt fun&loness A(r) Auey [ () Auiiry
@tbr). hr) Aurs (atbr) ((r) Ay, termini generales
ferierum refpedtive pofitarum:
k(lo) HAuo T E(D Air t k(2) A 8.,

1(0) [1:;,0 T Z(I) Au,z T 1(2) Au.a 85-,
a-k(o)du.oT(ﬂTb)-k(ﬂ/ﬂrﬁ.:‘l’(JZTZ’&)'.k(Q)Au.z 655'-:.
ae l(0> Au,aT(@Tb)- [(I)Au.z T(ﬂfi’b) a 1(2) /1::_2 E‘)‘,C.i
erit:

1(r) (k(0)Au.o T K1) du x T h(2) Ai2 Ec)=/(r). Ku.o,
#(r) (H(o) Au.ot {(1)Au . T 1(2)4u. 2 &c)=f{r). Lu.o,
fr) [a-k(0)du.ot(ath) . k(1)du, s Er]=f(r). Ku.o,
f(?‘) [a. l(O)Au.a T(M‘b) . I(I)Au. 1 85»] -::j(r), L:x v 0y
Reliqui vero omnes termini funftionum By .,
B/, u.r funt aut forme: \

Flrt o) (H(s-0) o T -02) Ao K(s-012) s, B32),
aut formae:

f(rtv) ((s=v)uot [(s-vT D) 4u, T (s-vT2) 44, 2 &0y
aut formee:

Frtv) [a k(s-v) Ay o t (ath). k(s-vyz)du s t &}
aut denique forma:

f(,..{-y) [0! : [-('g-y):‘f,,.o 1 ([I‘l'b). [(S‘-‘U"I‘I)fgzs.:'!" 8&'-}-

Quippe quae formee, cum conftent ex factore f{riv)
duto in feriem, cnjus terminus generalis eft aut

k(l‘i‘.&‘-b‘)du,.-



k(ris-v) Au. v aut [(rs-v) 4., aut(ahb).k(rﬂ-u),ff,,.,';
aut denique (afrb)./(rts-v) 4, .; exhiberi pote-
runt per hafce relpeétive politas: :
f(?"u'b) Ke.s70, f(7+U) Lu.sv, f{f"!"lj) HEPETRT
Jf(rtv) Li.57%. Quod fi in bis formulis ponatur
v.=1I, 2,3,..(s-1), finguli prodibune, ex qui-
bus conﬁciuntur By w.r By, u.r, termini. Quibus
adhibitis valoribus obtinebitur, in cafu f(ris) = f(r),

-Bn.u.rzf(l") Ku.o ff(f'fI) 7y (RS f(f"'f.?) Ku,:
1' Sl g Lfk?i‘.ﬁ' I)[{u 1,&
-B:-a r=1bBy.ur 1 f(i)Kn.a T f(?' I)K,I:—;
bl irt2) Rigoim T foo el (P82 80 7=
nec non, in caflu f(r+s) = - f(r),
By wir=F ) Ls.o - (I} a5 % ft2) Ly s7
. '1']‘(?'1'.5‘-1)1214.:)3 &
B;.u,r — ?"b sz.u.r T f(f’) Lu*o -(f(?"l'l) Lu._;-_f
tofFt2) Ly s-at - o d fGTs=7) By )
Unde erit, in cafu illo,
Biw.rdyr = f(W')Au r Ku.ot f(?'l'I) Ay Ku 72
'l'f(?"f”)/fnrffus e
s el LA rLe Tf(fl‘s I)Aui Kut
& in hoc:
Bﬂ.u.rlfn.r = f(f") Aﬂ v Lu,o- ff(f"i'l) An rLu.?-_;
’rf(wfz)d,.p T o &

t f(rts-1) 4s. L 1]
D Jam
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Jam vero, cum fint quantitates Ku.o, Ku's7: &,
Lu.o, Lu.57 €., utpote ab indice variabili 7 im-
munes, pro conftantibus habendee, ideoque quilibet
terminus utriusvis feriei, quantitati By u.r di.r €xe:
quatee, fub forma f(rty)4u.r. C; erit in uno cafu:
Gu.u=Fn.a . Kw.o T EIII{M:—; 3 Fﬂ.z v Ku::;

Tt Fu.577 K13 & in altero:

Gn.u=-Fn.o- Lu.a = [f’;z-:-Lu.;:T T Fn.z- Lu.s—--z-
1on Tl Sone dle. 1]

Preeterea erit, vi Theor. I11. Coroll. 3,1in cafu illo:
B;,u,r A r =(a T Tb) Bi.u.r Avr - a. By.uw.r An.r

Tf(r)ﬂn.r Ko '1”]((1’"1'1) A Ki.s-1
Tf(f'I‘Q)An-,r A A 5 f(T’I‘S-I)Ar}.i’K:OI H
in hoc vero cafu:
B,:. U, -4”,,-‘:(&'['7'6) By u.r Ay - 8. By cu.r Aur
I f(r) Ay, v Liio - [f(’ff) yor Ltesoa
L (rt2)ds. cLagsiay i D)y s Eu 3]

Quia vero eft Bs.u.r 4 » terminus generalis
fun&ionis Gy 4, ex terminis formee F,.,.C com-
pofitee; erit #.Bu.u.» 4u,» terminus generalis fun-
¢tionis a.Gy.«. nec non (atrb) By 4 r A4, , termi-
nus generalis ejus feriei, in quam transit Gu .4, pro
fingulis valoribus formule £, fubftituendo valo-

res
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res formule F,., relpe&ive fumtos. Unde colli-
gitur, in caflu f(r+s) = f () esle
G::-u': F, oK oT F;I.KG;—I'{' e M isaa il Dea s

] ——

+_F';.J-1Krs.r-ﬂ-Gu_u + -F'il,ﬂ K::-0+ Fﬂ.lKu-S'I

+EI.Q.KL-.;‘T; 'X‘ e Fﬂ-:‘-_l .Ku.f:
in cafa vero f(rts) = - £(r),
G:-u-ff‘,f.o.[m,o-[F;.;.Lu.:-—z'f‘F;.a.Ls.s'-—z'1’---

TF:-._:—-T L".:]'G.Gn.u*ﬁ‘n.o Lz-o-[Fﬁ.z z:-.s-t
T Fn s Lies 2% ok oFn-s -dage o}

Quod fi in sequationibus jam inventis ponatur
F.7 pro Gu.u & F:=, pro G..u, prodibunt for-

ntn
mulae in Theoremate noftro conftitutze.

Coroll. 1. Defignantibus Fo7y .0, FI:'-FE,u eas
functiones, in quas transennt Fiye, F,3, relpedt-
ve, [ubftituto f(#+v) pro f(r) in terminis ferie-
rum, ex quibus componuntur, generalibus, liquet
fore generatim,

in cafu: f(rts) =f(@);
Fm-v‘:Fn.v I(u.o'{‘Eﬁ.v_;Ku.;-—:’i‘Fn.v?; 6,52
S e Il it s Py aet
-FL_ =@ It uln = Loy Ku.o"'F,;'.J-?; B, 41

niu.v

ot F e oot e o s or iy bt B S w0

) E&.EK;-:TFn,EKJ.E{‘..-}Fn,mts-; :.I§
: in
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in cafu: f(rts) = - f(r);
F;J-i—_‘"t-:.v:F;z.v Lu. Hov 'tz LIJ.J_‘-;.rEl-‘;ELIJ.:;
j e hle Fu.';'r_.r-—} Lu.:];

§ e R el el or o et Y T
T.F,ygL,;;sg'i’ 'l'anTs:Lu; ﬁuvLu.o
-[Fu.vh[:’u.s-JTEs.v.z urs-ate an vts- Syl r]

Coroll, 2. Pofito k(rtv) pro flrtv) in Coroll. praeced )
tranfit Fiiz .y in &5, », nec non F pin ,,T,h,,,
Unde colligitur
Ku"u v‘:Kan oTK;: v-t-zKu_x_—:'fKum .?—3

T ... 1 &y g1s-2 By r; nec non
Kf;—-‘—f: v - a.fﬂfl,';.u — K;.v Ku.o i3 K' ‘v_-F-r Ku sz
*K;.u-}-.eﬁﬂ.}_-—z T3 . Tl{r:.v-j-.r-z Ira_: + K U K"o
Tﬁn.vfxff;-s_-} n.v?ETK;-FATJ-?

B UTSI U e

Coroll. 3. Neque fecus, fubftituendo /(rjv) pro
f(r+v) in Cozoll 33 obtmebltur

Lnfu v-——Ln vLu.o-[Lu v-};Lu.s szn ‘ul‘z Lw 5 - 2
% Lli.v-}-s-x Lu x], nec non

L::—]-ﬂ v -4, -Lm. === Bl v olo b [ n.ﬂ': L eit
74053 z:-!-zLus-ﬂ. TL.v'I's IL:: I]"'Ln.v u a
_'[Ln-ﬂ'*.‘IL ° 8- :T[m.ulslu-:2T--T_Ln.v'f5'.fl‘wf]°

§- 5




§. s
THEOREMA V. Huiz.v =Kot Ku.v5:;
L;TJ} o =" A Lu.v‘[-:,'

K.::; e Ot K e e o
Ln 2o =t o el o il n. g ¥ d

Sit' 0 s=1:

Eftin hoc cafu K, ,o="%(0) A+ oM k(1) Ar. = k(0)Tk(2)

=2k(0)=2,4Lz ,o=1(0)Ar ,oTl(1) Ar.x=1(0)T [(1)=10)-0)

=0, K .o=a.%(0)A:.st{ath). k(D) A; .= 2at b, L o=

a.1(0) Ac ot Cat8) A(D)dr. i==b, Kn ot Busii=280 4,

K_;.UTK;-E':QK;,U, Ln.v'}'fo.-v_-h:L:.vTL:-;;:Q.

‘Quamobrem erit, pofitow=s5=1in §. 2. Coroll. 2, 3;

-Kr_z__-{'z.v=ﬁn.v~ ﬁ’r.r;u=2-}i'1;z.u‘=-" n..v"X‘Kn.r;j—.:';

L;m v=Ln,v- Lr o=0=1Ln y I an;

Ku-}-: vﬁffn v K A T Kn U K' a-a-«ma_-r___z.v
—=2Ki.v % (”fﬂ'b) Ky y- 253[{'*-9'"“': ‘2'K;.u%émj..ﬁ
=R, K. 557+ 6% 2z, mec non

L’n-}z.,u = L;.u-Lr.oTLn Vo L; o=a. Lm »
ﬁ-b-Ln.u—"—‘L .UTL.-: e Tt T bLi vz .

Sit 20 3 > 1.
Quia eft &, = k(v)d:.o T RtD) Ar 2=k (v)

%A(UTI), L. U""I(U)Af OTl(v'i'I)AI 1”;'!(7.1)1'1’!!-1‘

; v




Kl = a.k@) ¥ (ath). k(vtr), Liw = a.l(v) 4.0
¥ (ath). It de.o = a.l(y) + Cath) . .Iwt);
fubftituende pro v numeros: o, s-1, s-2, €., ha-
bebitur £;.o= k(o) k(1)= k(o)--r, K, s7u=k(s-1)
’I‘k(&) kf.S')""k(O)—I, I, .sz-——k(s 2)’[‘ k(S I)
"K:.Tg"“ -—Kr I—*k(I ’X‘k(2—~0, Lr.o-—-—l(o)
+ l(r) =[(0)y =1, L, 55 = l{s= 1) ¥ I(s) = I(s) =
'o) = =1, drs-a=A(s-2) + L(s-1) = Li;s3
o= Le, 2= 1(D) T (2)=0; ;D_a k(o) (ath) . k(z)
—a.k(0)=a, K.: = a.B(s-1) % (atb).k(s)
= (ath). k(s)=atb, K5 2=a.k(s-2) F(ath).k(s-1)
AL o =R g k(DT sy k()= Lo
=g.[(0) T (@1b). (D) =a.l(0)=a, L;.s-:=a.l(s- 1)
Y (a16).1(s)=-(a10).1{0)=-Cath), L;.s-2=a.[(s-2)
T (ath).l(s-0)=L;.5-3=..=L; :=a.l(D)t(afh).l(2)
=o0. Quibus adhibitis valoribus, epe Coroll, 2, 3,
§. 4, evincitur esfe
Km = K.ﬁ . K: o'i']{n v-r: Kz :_1+Kn ‘IT::‘ }_;36‘.
'_Kﬂ v ¥ Kn v; 1,
Lﬂ—; o —-LH.U-LI.O" Ln .U -:u-- LI.:-‘er.v_E-'. Lx.s_-;&,c,
=‘—Ln y+Lu 17:]:— 554
’Kn—[—; !J““—En U K, o't'Kn Ut A S_:‘r]n vtz 1.;_;85«‘
'l‘f( K‘ OTKB VL. .J.z@f -avKn'i'I.v
:;]f.’ﬁvﬂf
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=K;’.0+Kr;.i~i-‘_.;'i'a-Ku.v*(aTb)-.K.n,L;_-[-; “'H.Km,y
RN e e
’??.vz.fo,'uvL;,o-jfr:.m.-Lr,ﬁ'-L,:.;t;.L:,;:@Cr
N D v labis Ln-,v'rr.L;.T; 8{,‘,- a. LH"‘JJ._; s
Lt Lot o Lot (i 16} Lasis ~ a Lstecd
et e S

§. 6.

TueorEma VL
Kﬁ;.v":.?Kn.u ¥ Ifn.o-f: ﬂs.:fmz.m&mf AP

¥k Kﬂ.UTJ'J-JS.S_-_I:;
L;;‘-szﬂ.;'i‘—;AJ.z*Ln,v—-]?;ﬂs,g'-l- ¢ o o a
T Lu.v-l-.s-.z-'ﬂs-.;-_z -

Fafto u=s in formulis Kizu.vy Litu.o (§ 4
Coroll. 2, 3) habetur
‘n—;,v = Kn.v-Kf . 0 + Kn.m-ﬁf.: %Kﬁ.—;ﬁ-xj.ﬁ
.. F B yFs-2. K5, r; nec non
L;:{—-Ts.v= Ln.v.Ls o [Ln.-;:}_r-LJ.:s_-; 'l" Ln‘;"-}_; ‘Ls.".r_-—a‘
’{‘ vl Ln,m Ls.x]- Unde, cum fit
.K.s.vzk(ﬂ)A.r.oT k(U*I)ﬂs.;f.-.—'l' k(UTS-Q).-A:.:‘_-;
th(vts-1). 4TIt k(wks). As,s; nec pon
Ls =1 ds.o t l(vt1) s bt l(wts-2) 4. 5%
¥l uis-D A5 1 I(uts) ds-s3 ideogh®
[+

do =
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.KS 0= k(O) .Aj ol k(I) A.s', r 'I'..'f'k(.?) As‘ $ =k(0)ﬂsm
o+ k(S)ﬂ:.st, Kss—:z »&(S-I)js.o i A(S) A T,
=% (S) As ge— A.r, Iy KJ.E = k(S-Q)A, .0 T k(S-I)A;,.—z
+ k(s).As. 2 E9c.=As, 2y K. 5 3=k(s) As:3=As-3, ..
‘-KS_.x = k(i‘) T O = e b T s LT = 1(0) ,ﬁg,a
T U As ot l(s) As.s =0, Ls 577 = I(s-1) As,o
_’I‘ 1(9) A;, z Fj’b‘. = .ﬂs.;, L :=l(5) A.f.z == As 2y
o Ls,e=I(s) As .52 = ~-4s 55 bis fubftitutis
valoribus veritas Theorematis haud difficulter de-
monftratur,

Coroll, 1. Sit s=1. Quo pafto erit Kiis.0
=] Em-u = .Q.K':,.v, & ;Lm.u — L;?—;,u=0 (Cfl"o
preced. §. 5.).

Coroll. 2. Sits=2 TUnde Aits.0= Kitaw
=2Kn,v+ml,m-.ﬁz,z=2(Ku;v1'ﬂ‘n.-uf;)¢
2&;}_;,1; (Thé’@]". ﬁr), & _Lm.v = Inta.o=
Ln.ﬁ;.lﬁ..: = 2Lﬂ.:‘;-

Coroll. 3. Pofito s= 3 hahetur X35 v =&73 0
= 2Kn.u + In.;_f;lf‘;.: ’X‘ Kﬁ.'o-}z --/13.2 = 2Xn..v
% 30 5Tt 3573, nee won Lits.v=Lafs.0
= In.vt 14z 2 Ln vt 24;.2=3 Ln 513t 53 L. via
=3Lnii.vte.

N %2




Taeorema VIL

Koy o 2 K0t b e B KR+ D
T ol T aa) A hdr < P
+( ‘nevt s - 11'(?—7)[? "n vts- !)ﬂs STy

B iz g r,u L ot Bt s i
+(/,, g e S SR

(1,,,.,,.” S D A

o
Tnferto. s pro # in formulis X5 0 Logu .o

(§. 4. Coroll. 2. 3.) hze exfurgunt sequationes:
Krl:'}.f-vzf(v:-u-[(;.o'i"}!_—h K (PETAL -

lz'UTIt . - °

+/1":':-u 'i‘s-!~/(s.s.1 T ]‘(.‘i.t,'.-‘ s-0 + Kn.vi;_z. T

L 1R o

e

'I‘--T ](II.U'f‘:.-I- /‘:z - Qo flytsavis

L;-:;s.vzﬁé-v-Ls'.a-— [L::.'u-fl.-o Lraa B it
+[;-v‘h-’-LS-I]'I'Ln.v.-L;.o“rL’i._v'l".l- G o
e TL';.yT:-x. L;;] = LZ‘.L.-;F.M.

Quod fi in hisce formulis fubftitnantur valores

quantitatum s K5 .o, K557, Kolsh, o0 Kns Ls o,
s 5.1y Ls,5-24 .0 o Ls 1; ‘in preecedenti-§..6. conftitu-
ti, & determinentur A ,, Ai.7, K33, .. K1,

! [  — N

i
.:'0,7 se §-Fy 5‘5'2, e L"t’ Ope %quatlonum:
F K 4



~
— a0 e,

:?; = ,.]i(?}) 1'7.;,0 I '\i'J 1 b) { ,C (’L’ iF I) A’: l.: T o o
T (atbs) . kCuts) As;s;

Eopi =@ ({0) ds.q.F (aLh) . [(wtr) ezt ..o
t (aths). [ ¥s) ds, 55

noftrum. per {e conftat Theorema..

Corolls 1., s=1.. K H 70 = Mogse =28 w

- 1 / 2
T b.ﬁ”-v?' & L}m.u S Lﬂ.-{-x.n S b-'l"".!’"-

Coroll. 2. s=2; ﬁ,ﬁ""rs.v }‘”-!-2 = 2K’ s
*Qb]{n poib (]11 v1r T b-—ﬁﬂ..vf:)jfz.: == 2(](:;.1:
+1\ o b b K gxn) T 20 K =200

F 26 . Ky, » (THEOR. V), nee non L4 o=Li53. o=
w2b. Lo, t Zioiet biLnvi) dar = 2L0 5%
f20.(Ln. 51 - Luso),

§.-8

Tueorema VIIL Si fuerit f(r ¥s) vel = f(r)
vel =- f(r); erit, in illo cafu:
.Ffz.v'=f(U).Xn.o+f(UT1).Kn:s_v_-;’f'.,’!‘f(v']'s-l’).Kn.::;
F, o=fW). a0t futD) K53t t futs-1). Ko s5:
in hoc vero cafu::

Funeo=F) . Ln,o-[ fwtD)Ln 5. F flots-1).Ln 1]5
Fao=fv)La.o- [flwD)  Lauit o f0h5-1). Lss) -
Fadto
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e 27 =

Fa@o n=o0, & deinde pofito # pro # in for-

mulis: Fiii.o, Fufu.vs in g 4. Coroll. 1. deter-
minatis, babebitur, in cafu pl;orl Fo.u=Fo.ovfu.o

e ﬁo.;;'o Ky ..s_-_;fFa-.n n gl +Fa 2fs- , K 75
A MBS B Tal SR R =
t Fo otaeKnig: 2’{‘-..'1‘1% o st Y O U S
+Fo v . ‘;;-;_-‘_Ii'Fo 'yl 2. lrfn s 21‘ ’}‘1’}),;_;?—;:;-](3.:}
nec non in cafu altero: Fu., = Fo,0 . Ln.o —
[Fo. o7z Lo so1FFo. v;{‘,- Lys2t . 1 Fo visa Ln.:J;
.Fn-l'+a };ﬂ 1 — a U .Ln,o : {fo-z‘f: Ln.;-_:
i SRS I SSPS C arpl Ln.t]'!'Fo.vL;.o

[Fa ;: er a"JI-F‘G.U"g..Z:n s-2 ..'}'Fa,v'rs-l-Lr:.f]'
Quia vero funétionum: 7, ,, Fa.,;ex terminis formee:
fr¥v). di.r, vel formee: (afrb) . f(r+tv). du.r
compoflitarum, in cafls # = o, utraque eum prima
exzequatur fuse feriei termino: f(v). 4o.o = f(v),
vel a.f(v) do.0o = a.f (1), indici » =0 debito; ha-
bebitur fo,v = f(v), Fo .757: = f(v'l':) Fo.vt,

= FO0E 2, 8 K u=a./ (i), ot =a.f01D),

oerta=a.f(uv*2), € Quibus fubftitutis valo-
ribus exfurgunt sequationes Theorema noftrum com-.
ponentes.

§ 9.

Exempla, quibns Theoremata precedentio ad fim-
mandas’ [eries, tum forme Fy o, tum forme Fi.v,
adplicandi methodus commonfiratur.

Exempl. 1.
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FExempl. 1. Sit f(r+1) = f(r). Ef in hoe
exemplo K. o = 2 Kn.v (leor.' Pl iCor. “1); 4.
deoque AiGz.v = 2K.57,.0 = 2* . K, y, atque ge-
neratim ff::?[-—u.vh—‘Q”. Ku.v- Unde, Vi T/IBOF. V[[[’
Iy TP S f('L’) : Aﬂ"‘_’f_“-a =,f(.i"‘)" 2. K”'o’ 'ideoque
Fy.o=f(v). 2%, five politon prou, Fr o =f(v). 2%
Eft preeterea ;55 ., = 2X4.0 1 b Ke o (Theor. VII.

r

Cor. 1), ‘ideoque b o 2k ot b H 0=
2% Ky p o 20 Knvt b K o=2" 1y T 20 Koy,
K’%—;.U =-2‘K’n_'l'h;-v T b Km.0'= - K;.v t 3bKn-‘,z . Ty

n

atque ‘generatim Ko7 4.0 = 2247 4. 4 bu.Kitu .o
=2t.(Kz ot 3 bu. K o). Unde, falto n =0, &
pofito m prou, Az o =24 . (K5 v tbn. Ky o) =2 (a.k(v)
timb.k(v)) = 2¢.(at 3 nb).. k(). ‘Quare cerit
(Theor. VI11) F o =1(v).« K7.0=2" (atinb) {(v).Ko)
=2 (atinb).f(v). ‘Quod fi fiat f(v) = 1, habe-
bitur *Fy=20 & ‘Fi=20.(atinb), =

Exempl, 2. ‘Sit f(r*F 1) =-f(r). Unde Zi77.»=0
(Theor. V1, Cor. 1) & Litz,o =--b Ln.v (Theor.
VI Cor. 1), ideoque Li3z.0 = - b Liki.0o = o,

Quamobrem erit, vi Theor. V111, Futr.v=fv). LaT7.0

=0, f’;-'}_;.u = f(U) . L::TI'T.D = "'-'b-f(y) v LII.O
&



= L 2!‘ e

& Fiigz.pi= (U) v:-fzo“—‘-é f(i)) ],,-f;.
= 0. Hinc, pofitis pro # numeris o, 1, 2, &,
habebitur Fy v =0, Fl.,=-b.f{v) Lo.o=-b.f(v),
Fa.vi= 0, Fly.= 0, € atque generatim £ o
= [, y=o0, exceptis F},,z,zf(v), B o=a.f{v), &
Fiv=-b.f(w) Falo jam f(v) = 1 exflurgic = F
=l =0, iexceperis *fo=1,>F/=a, & *F}=-4.

Exempl. 3. Ponatur f(r+2)=f(). Quo pé-
&o erit Kytz.0 = 28,070 (Theor. V1. Cor. 2),
I{F.UZA?](J._;’U_“Q [f‘”]v’ f{_ = 3.!(

HTI,U

atque generatim X,1.0 = 2¢ 1. K57 4, ideoque,
fatto n=0 & pofito n pro u, K..z: e e e (R
Unde, vi Theor. ¥i1I, obtinebicur I v =f(v). Ky.o
Y fwta) &g =201 (f(W). K0 t fvT1). &, 1)
=aon.r, (f(v) T f{’U'f'l)\),AOb Ao i=lly 0 =0y
fi exceperis Fo.o=f(v) Lft vero preeterea K- 2 4

—p Koo X ol Kano (Theor. FOIL Core2), K 73
O ) o B s ot Wit
Fifiin)) K = 28550 + 208520 =
2° [ an b'[‘b (Knv ;3—'['—1'7)]» ﬁ'"'lb Vies !:-T_;tv
+2K11~q P—=iE 2 S (](ff” opil [}(["n v T —IfJTI v)]
atque gunPratlm K,,Jl-u to.0 =2¥I1, [(f:?_ vl b ([fn v
di.u.855.0)) Unde, vi Theor, VIIL, pofito ni-
G mirum
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mirum: #'= 0, obtinebitur Fiiz., = autr [A], ¥
b (ﬁa,o t zu. K. 0)] f(L) Ty oty [[( T | b(Ka.r-'
Tru. &, ,)].fut1). Quare, cum fit 7 o =a.k(o)
T(ath).k(t)=a.k(0)=a, L . r=a.k(1)t (ath).k(2)
ﬁ(ﬁ!’ + b)ﬁ\;’) = G-Tb,- K;ﬁ.o =TIy Ko.r =30 & K'I 0
= &, , = 1; habebitur,.pofito-n: pro u, f'}f-—z u:2”1‘1.[a
¥5.073 . 0.4 T 2t ok Eara.b] «f(UEI)
—ovtn [t ars bl - (f0) t D)y five Fig
=on-5, [gtsnb]. (f(v)T1{wtI)), exceptis Fov=
a. f(),. & Fiio=a:.f(u): t-(atb) flvtr).

Sit o f(v) = r=f(vt1).. Unde Fy;o="Fs
—2.opr=2p, & Fiy ='Fl= 2.2 [atin.b]
=21, (a %= nb), ut in: Exempl. 1.

Sit2:0f(v)=(-1)"=1.. Unde flvt1)=(-1)v T 1=-1;
ideoque Bu.y=-2F,= 0, excepto 2[, =1, nec non
F..u =0, exceptis. 2, =a, & 2 =-p, utin Ex. 2.

Fiat3:00 f(0) =3 (1F(-2)7) = 1.. Unde f(v}z1)=0,
ideoque F,p = I = 2% 7, excepto: * ki = 1, atque-
F;',, ‘]' =on-r (aTnzb), fi. exceperis '/, = @

3F1_

Ponatur gi0 f(v) =13 (z-(~1)?)=0: Quo pa-
¢to: erit f(z.” 1) =1, Ey .= *Fn=27"%, nec nom

Aiga U ==
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!

v ="F, =211, (a}4i.0b), exceptis *F, = o,
‘Fo=o0, & *F, = atb. -

Exempl. 4. Sit f(r+2)=-f(). Quo pafo,
Vi Theor V1. Cor. 2, habebitur L;55.0 = 2 Ly .555,
.L;?;.u‘j'l =2l oda =g [m.-a,- & Ln‘j‘4,u
=2L7i2.0t:=-4Lun... Hinc vero colligitur esfe
Intovr— ot Lrp ) Lo Lanvs o =
~4 Lois.0=(-4)". Ln.o, atque generatim L,z m.v
=(~4)". Lu.v.. Unde,cum fit Lo,,=1(r), ideoque-
(Fheor, V) Lr,o=Low ¥ Lo,51: = l(v) T (v 1D,
Lzo=2.lvt1), & L.y = 2. [(u+1) t 2 /(vt2)
=2.0(@w*1)-2.1(w); vi Theor: VI, erit Fym.v
— ) Ly o-f 01 1) Lam .= (- ). F0) - 1)
-ft1).i@]=Cgm . V), Fymirv=/).Limtr.o
Ht D) Lt o= g LD U+ (2)) A1) (1)
1)) = (- g0 - 1) « 1(0) = Fot2) . 1(2)]
—Caf. [10) + 1@t D)], Frram /(). Linin.s
- fkr). Lamtz o= (-4)" .f(v). La.o- (=4)™./Wt1) Lass
=2 (-4 flv) . U1) ~ 2. (=g)™ . f @T1) . H2)
=2,(-4)m. {(rF1)ynee non Fimiz.o=f(v). Lintz.0
~f(wtn). Limsz. :=(-4)"f @)Ly o~ Cm. fvtD). Lg »
S 2. @) -f D)

Ef



Eft vero (Theor. V1L Cor: 2) L, 320 = 2L, .5%:
426 (Ln.5751 - Ln.), ideoque L33 vz =52 Ly
- _Qb (LJ;_U 1" L:z. U-T—’) =-2 (L;vaL TI.U): & L::_'}tf--v
""=2L‘,, ;'g.u—f—rTQb(Lr:?;-o_;kT-L;GL—_z.ﬂ)L"-;il(/;,:‘a
FbLigio) - 20 (2Lno t 2Ln.051) = - 4(L, .
t 26 . Luye,»). Unde L;j.a‘},vw:-z;z(l:;}:.ﬁzbl,@;_v)
G e Cla b b ke ) (0 Ta gt o= g Lty o5
Litzw=-4(Lgg.v t 20.Livg0) = (- 4)°.(Law
4 60.Litz.v) (ob Litg.v=0(- 4)*. Lut1,0); =atque
generatim L. zm.v= (- 4)". (La.v * 2mb. L3, 0).
Unde, f{ubftitutis pro Li.v & Latz,v, quos pofito
# = o, 1, 2, 3 recipiunt, valoribus, ope Zheor. V~
definiendis, obtinebitur L m.» =(-)". (LS vt 2mb . Ls.1)
=(-gm.[a. Iy tamb () +IlwtD)l; Limii.v
=(-g)m . (Liw Tt 2mb . La) = (-7 . [a.1(v)
F(ath). ((vti)tgmb. lvtn)] = (-g)m [a.l(v)
tatzmis.0) LD T; Linta.o= Gg.(L.o
g 2mb . Lz ). = 2(-27 : {81 awgr.b). I (v} D)
wamira b 1(@)]; Neec non LiGmTs.0 = (-4)™. (Ly.v
tyomb.Lyo)=2.(-pm.[al(wtD)-(atzus.0).1[(v)].
Quamobrem, vi Theor. V11T, exit Fju = f(v). Ly .0
-fwtD).Lym o= pm. [(at2mb).f()f2mb.f vtI)];
Fomtew = f(v) Linvie > f@t ) Linvr,,
=P [a.fo)t(at gmgs. 0) . fWHN]; Fyuia. v

= (@)




= 3y =

ﬂf(b‘) um.o = f(v—]-z) .L;m.z -"—'-2.(-4)”‘.'
[zmre.0f() -(atzmte.0) . f(vti)]s nec non
e 0By - Ht i B e
“2.C-pr.[@TZTmt3.0).fV)-a.f{vE1)]

Sit o f(v) = Cofvg = 1. Unde flvti) =
CO/‘:;;'—:- =0, [‘4m u-—$F4m=("4)m Fm o =
4m-i-1—-("4\’”, f'z;.m 12.0= ﬁﬂ;_n-z-i—z'—ﬂ, f’4 mt2.w
= F ot = = 2.(-4)": nec non I, _z', £
::( 4 (6‘2?171)) I"_m-—-‘ ‘:ml[ )’"
T Rl s 1ot m]Q,—-—-( gym:, (4:;+z.b),& ,::;;-—Jv

= Futs=-2.(-4r. (8t Tui;.0)

Fiat 2:0 f(vt1) = Sin.551.9=1. Quopalto
erit f(v)=3_8in.vg=0; 1dc~oquef’4m el e —0
Fomii o= "Fiwt: =(-pm Fywtaw="Fimiz
“—‘2.( 4)” -I;:_JH:‘[‘_}“U = 14,1;}73—-....’-'4)’, nee
non Fym v="F,m=0-gm.2mb, F;77 o ="F"7:
= (gt gate- 0 FwFa,o="FiaTa=( )
(”611'4-:41-- b) &}'4:1313 e F:m'i"g"‘“( 4)". 24,

Ponatur 3:0 f(v) = Cofvg t Sin.vg=1, &
ftD=0of75:.91Sinv5i.q=1 Unde Fyun,,=
7F4 m = ( 4)"’ F.;..'BT.I- v = 7 P .....( 4)'"

F,q.m* ST F4rn72*‘2 ( )m F4’"1‘3 DS F&?’PTS g0
H nec
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nec non I‘;'ﬂ o= 4_'?1——"' 4)"’ fﬂf%#ﬁl b) F4 m "l"l: ==
f 4.;;4: =i ("4)"‘ \f)a-{- 4mta- b), 41.‘:‘2 Lo T
£ ‘14 m. T 2y T ( 4)',” 2“, & F4_ m -}3 i F4 mi’, 32 =

~2.(-Pm (Gmtz-b)-

Quod' fii 0 fiat f(v) = Cofovg ~Sin.vqg = 1,,
& f(U TI) = CO‘/‘;{T. g-bm:}g: -TI53. prodibit:
Epin = Fymom: (W Frmiaon = T iz by
-F;u—r—— oy T Sﬁ:;.:‘u.‘rz,- = -'2...(-u4)m',‘ Ff]-,m—";“g.u" =
Comte = (=Y Fipoo = "Fim = 0" ay
E;m-i-g_.u,=g ,;m-l-z—-( )m (,j.m-u b), F4m B
T "( DI (HT4._:ra Tab)y . & .F,“n t 3.0
gf”m tz = -~ 2 ( ),‘7” ..(2[171‘:;:_}:;‘*3_..[7)--

Exempl. 5. Ponaturf(rf3) = 7‘(1) Fiat bre—-
vitatis: gratia: Kn ot Kn., o121 Kn via= Xuy Ki o
+Kn v 1. T-K:: itk Bec= h (-I)lm- == Cm,.

iy

%E{(m-:)'..zs?‘m'f "'(m'--zJ‘.z'r?'m"‘a"— oo v (FD)mr 1 27
=-Dm,- Cm'i'g(ai‘i-—x —~Cm -z.:Jf PR (f'I)’”"I"..CI,-).:’:"EH;--
Quo: palto obtinebitur,, vi: Zheor: V1. Cor.. 3,
Ktz .0=3 Xo~Kn.0, & probine &7 55 0 =2 Cu. X,
g ("I)m Ky 91 ldeoque (TII'EOT.', y]]]) F t3m, v
= 2 Cm « Xn.o.(f(v) ¥ flot) ¥ Ffluet2))

t (-1). [/ ()

ll
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£ EDm. [ (v). Ka.ot fut). K ot fwt2). KairJe
Unde,. fatto: #. =0, 1, 2;:
Bymiw =3 Cme Xoo [f(0) * fltDy ¥ fwt2a)§
E(EDmif )
Fyngiv=3Cn Xo.[f@) T floto) t flot2)]
t (= f @t flwtns
Fintro=3Cn Yo [/ @) T fl0D) t f0t2)]
: TGO f )t af(utn)t fut2).
Praterea,.ope’ Theor.. F'I1,. habebitur &7 5, =
3Xa T 36 (Xut Kuvg2) - Ki'wy ideoque KiF 5. v
=32 Cn X2 T (1) . Kitv t 36 [Xa .. (D & Em)
~(~o)™. m.Ku.s72]. Quamobrem,, vi: Theor. VI,
erit Fm 0=3 [Cue. Xok 6. X (_Dm: ¥ Em‘)] 5 [f(’U)
Tttt f Wt t Cnm. [(Klo-3mb. Ka2). f(0)
X (Ké,z:-—gmb : Ku..:) .f(U T I)’ T ([fnf "3,”1!7 . Kn.o)
Jt2)]. Unde emergit
E:gm.v = [_Cm 2K il b-‘.Xa' . (Dm i Em) ] [f(ii)'}'f(l"f'l):‘
tfwt2 1t =Dm. [a.f(v)-gmb.f(vt2)];
Fowts =3 [Cn.Xot 0. Xz, (Dn¥ En)]. [f0) tflvtD)
tiwt2)l v (~Dm.[(a-3mb). f(v)
T (atd).f(vtn)-gmb.fvt2)]
Boizo =3 [Cu. X% 0. X5 (Dt En)]. [f0)tAv}1)
FF@12)] & Cayv. [(a-6mb). f(v)
- 1(za-(3m-2)0) -j(vfrh‘(a'-(am-zi-b)'-f(v’fﬁg)]v
‘A~
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Facile vero patet, in formulis jam inventis esfe X, =1,
X =a; X,=2, X'=sa}h, Xo=2 ,?S’-—z (ath);
atque generatim, fammto pro ## Rumero quovis integro
pofitivo, X, =2" & X; =X, . (at nb)=2".(atinp).

Sit ¢ gr. f(rftv)=2-23{Sin.>(s.rg)

+ Sin.?(4.757.9) ], nec non m =n =2, Quibus

pofitis erit f(v)=2-3.8in.*(2.q9)=1, f(viI)=2~

%.[Sin.z(;.q) t Sin.*(8.9)]1 = o0, f(vte) = 2 -

s, Sim.> (2. '--I, Xy=Xg=4, Xi=4,=4(ath);
2°

" 2-—;——73 Dfii"“ D&—' 2-2 = I2,
Em—-Eﬂ——C 1‘3CI='-'-IO Unde Z. m:(,z p = Fgg
*-3742-}‘(1)2—170, ;",,;';C';,,.=F’,

=3.[7. 4(a+b) T 4,22.0].2 '1- (- 2)*. [(a - 12 b)
¥ (a-4b)] = 170.a T 680 . 0.

§. 10

Methodi a nobis adumbratee in Analyfi ulum
_unico illuftrasfe juvabit, ope ejusdem facile folven-
do, quod finem opellee faturi adpofuimus, Pro-
blemate,

ProrrEmA. Determinare fummam feriei:

op. 2 S I 2P=i2
p.2p P L

2450

(2p- 5) ’f(zp 9).
T G-2p).



= 3 =

* (3-2p). 27!; “f X )’-) ¥ = S, denotante p nu-
merum quemvis ‘integrum pofitivum.

Utrique sequationis membro, ducto in
..l.
(zp 3); (Mﬁﬂ ¢ p-{«;), addatur: (2p+3) T (2p- 1)L

ISR
e bt G e
Quo pafto obtinebitur il (’:z—;--{;—*) (2;0”1'1)“5.
Hoptartaen. 2L CPED Gy,
(2p I{* 2; (2 Eﬂ; 13- = 2 —(2pt2) +(2p-1).2jﬂ%fjiz.
+(2p-5). 2p*?1~fJ2T23 w;I Ptk G-2p)
Al fpiz‘;)"" £ (rtapy. 2215 2?2‘)+;)'_£

= a.4s0 T (at2b) Aus * (a+4b) /Iu 2 ¢,
po{‘to a=2p¥3,n=2pt3, & b=-2 Quippe
cujus feriei fumma (§. 9. Exempl. 3. Caf. 3) eft
= F, =201, (atinb)=o0,0bznb=-(2p%3)=-0
i -~ Quam-



)
2p18) CPY2)| (1 opy PR CopE2) 502
E V2 W e BB D )

= g ideoque; S T % = 0, five: S = ‘-II—:%«—P;.

s 5 i A TR VY B B e T

[ndex: mendorum,. quee, antequam: ad legendam
opellam: accesferint, quaelumus. tollant lecturi.
Pag. 2. lin. 8 pro: Ay B, legatur: t A, 8,

— 1. 220 pro:'_]"'(otz)_ﬁn.w3 leg. f(a,) An.a,
— < [T ul. proz f(2)dar leg.- fi(a) A
pag. 3. L 5: prox (atf(1): leg. (atb).f(2)
— — — pro:f(0) .= leg. f(2) An.2
— e g polts 2° A osinferaturs ¥ 2V A £ T
pag. 5 L. ult. pro:f(at3b) legaturs -(at30) 4 5
pag. 6. |. 3. pro:= Cof(rq)-Sin(rq)leg.(Co/(rq)- Sin{rg))
iterata pag: 6 fignetur: pag. 7
pag.. 7 lin. 5: pro: 0), leg. o,
— — L g pro: o 1) excepto® £, leg. 2% 1, excepto* £o
pag. 8 | 4. pros Ai-r.s leg Ai-.r
e | g prog. 2. (1) legs 2.2 ¥ =2))
et o pros iAo v <3
— — | penult. pro: A 75 Ay, leg i zdu 2
pag. 9. I. 2 pro: A . leg. Au.o
— — — pro: dn s leg A, x

Quamobrem:erit

t(2p-1) ..(

pag. 10,



pag. 1o0. l. 2. pro: numerus leg. numerus:
pag. 1. L. 14. pro: A-.« leg. Au,»
pag. 13. L. 9. pro: frzt1) leg. f(rt1)
—_— — II.. 12: pro: Ai, 23'—‘ leg.. Au.5- 1
ag. 14. l. 4. deleatur:: €9¢.] :
-I)—-g—4l. 15.4pro:t s=1.b) Ay.571 1 Ve 51.b) Aus3 —
— — — pro: 25-1.0b leg. 5. 1.0)
pag. 15. | 20: pro: Fu o leg. Fy o
pag. 7. . 4. pro: Ki.:=y leg. K,.5-%
— — L 7. pro:z & B ,u.r leg. & B .u.s
— — |.. 16, 17: ubique pro: L. legatur: L”
pag. 18, l. 17: ubique pro: L leg. L
pag. 19. | 5. pro: K. .r leg. X[ p,
— — | 14. pro: transennt leg. transeunt
— — L o2n pro:~a.Fizy o leg T afutu, o
pag.. 20. L. 4. idem: mendum..
— — L. 12. proz ~a. K:14. v leg. Ta.Katu . v
— — L. 19: pror -a.livu.v leg. ta.Lutu.o
pag. 25. L 12: pro: Ko.5555. Ko 5o leg Kol oys-2 K.
— L. 14 pros Lityv leg., Liis.w
pag. 27. l.. 2 pro iterato: Fuyy,v leg. F3y v
pag, 28: |. 3. pro: 2 K37.0 leg. 2Kut 1.0
— — L1 proz bu. Kigu.o leg. bu. Kyiy 75,0
ag.. 20: L. 15. pros 2% ¥ leg, of-r
p__g = 1. 25. gro: fﬁ,ﬂ,ugleg. 3 (G
— — .21 proz 2 Kngz.0 leg. 26 K730
pag. 30. L 1. pro: Fii o leg. Friyz.o
pag. 3t L E pro:-2% . Fileg an-=
pag. 32. L. aL pro: Lym,o legatur: L im,o

i & A A o T el ki



