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. jOssO.. yO) =/.(«) (x,x, ). y(?). 3 .jOtW),.yCrJ.

In qua formula si jCa},,.y(»-i) succes-
ierint >,(0,^,0),.. y t Oi) reflecti ve, emerget /V=/(«)
(x,v I ).j' I (0..^ I

(» -r.',5-,sti,..jCr). Definitis ope hujus formulas
eollectisque terminis /%,/>,. .i5 ,-,obtinebitur Fr[x^xt )~sr ct)cxtx,'.y(a) .y(»)+/x x )y x CO.Jl(j) x ).

3*. Probavimus supra Qi:oi6), esse A sun-
ctionem, quae, facto x=x t , nec evanescat nec siat in-
finite magna, sed abeat in sunctionem finitam/''(x)
qvantitatis x, post eliminatam alteram Xi , residuae;
live, ut paucis rem exprimam,, esse/,j-s,
V x-x tyP denotante quae eva-
nescit polito x^xz ,

i deo que exprimendam per (x-x t yP
(n:o 15). Erit ergo, ob symmetriam sunctionis primte
/1 stVja-Jsnto 10',Hx) -s (A'-r x VP -fix.) ct- ( x z-x]sP\
designante p' eam sunctionem, in quam mntatur P

4-*( ‘V»''
—/// y Atransponendis inter se x&l xu Unde eruitur ——LL u__L'

x — x t

= -tx~x,)s-i P-(x,—x)s-iP'.] Quae sunctio, quia est
sunctio prima ipsius/' (», ita comparata sit oportet
(n:o 16), ut, facto r ==,#/., finita permaneat. Ex analysivero hujusce conditionis sponte emanat, esse s == 1.Quare erit s, sax,) (*-*,) P.

33. sit e. gr./ (x) == xm
, exisiente indice m nu-

mero integro positivo. Qvo pacto obtinebitur (vid,
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n:o 20)/(x)=zmxm tet Fz-s, (x: x,) —ssx') =

xm’z xt ct-... xsm~x'y — mx™- 1 == xm’ s (x, —x) +
(x,±x 2

) 4-...X(x, m-*~~x®|ia )4*0,£
>
m' 1 — xWii); cujus sor-

mulae singula membra, factorem formae xr—x/ con-
tuentia,facillimo reducuntur negotio ad formam (x-x^P.

33. Denotet eam sunctionemin quam
transit suncti» prima s,(x, x,) Assecta quantitate
in locum ipsiusx; sunctioCx„x2 ,)==

st (x,X/) — se(xzrxr) (vel ~~ ji.x> •> x i)') appel-
X — x2 x — xz

labimr sunctio derivata secundi ordinis vel brevius
sunctio Jecunda sunctionis Atque ge-
nerati tn, si fuerit sr (x, x„ xr ) sunctio derivata ordi •

nisr sunctionis originariae s(xs sunctio sr*r){x,x, s.

—
/>• (xj xn « » xrysr{xr j[i:xn..xr ) veniet nomine Juncta-

X — Xr+r
si is derivata ordinis r-j-r.

34* Ut uno rem exemplo illustrem, Rts(xJ
Hujusce quantitatis sunctio prima s,(x,x;) est ==

y*— x, 4

z~x ,A-x*x,-4~xx/ *-]rX, 3 (ssi:o 20), Hine vero
x-x,

habebitursz (x yxnxzl=
(ar 3 ct-x 2 x,-sxx,*-\-x, 7 >(xj -s x\x, -|- xrz x, 2 ct-xi3 3 r=1 y2 _|_.

ct- cx 4~x 2 )x/-}~x/
2
= x2 4"xCx/ 4~x *) 4- 2 4"
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4*1.Unde porro elicitur sXx,x„x2ix 3 )~

-—

1
— i{xz -^x{xl-jr xt ')- r̂x,z-{-xrxz

-

X—x ,

= x-{-x,-^xz Erit denique
/4 (■*» xn x z > x } , x4 )—

»+*/ + ».+»,) —

,
■ -■ —

—

■' — ~y ~~x «

x —x4

Pergendo ulterius offendimus / s {x
}
x Ji..x.) -

x ~xI-n,
x-x t

35, Theorema. si fuerit/, Cx,x„ ,,xr )sunctio syra-
metrica quantitatum x, xn , xr ; dico etiam sore }r\t
(x,x„ . . Xr\i) \lymmetrice compositam ex quantita-
tibus X, X„.,Xrsj.

Jam vero est /.tssr{xi •*"/}•< Xs )sr Xs ,• , «JT/* ) .
.(o;o 33)’ q»pp»

quam sunctionem,esse symmetricecompositamrespectu
quantitatum x„xzy .xr , ex data sunctionis sr (x^x, y ,xr )

lymmetria sponte proraanat. Quo autem constet,
reliquas quantitates xet xr-\i sequam cum his parti-
cipare fortem, siat, convenienter notioni suprassn:o33)
definit®,/, Cxt x„..xr }—sr‘ l^x”■■^)-s^xr,xr.xr-l).

x ~~xr
Unde emergit/, (xr [ I,x„..xr ) —

sr-i {Xrj-isX'y.Xr-1) —■sr-i CXr)Xn,.Xr-t)y atque dehlOC
ar/sl/ — Xr
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(x—xr)(.X —Xr>)
/r-Xisjrrb» X„. !

.Xr-I "sr-iCXr, .x,y Xr-r)
(Xr\i—Xt-X—Xrsr)

"“V
,

— \jxs^r-—Xr)sr-*(XyXn aersr) ~s*CXrti — Xr}(X— Xjtsr)(Xp— x| L J 1

{X —Xrt/'' sr-j[Xr,x,, . .Xr-i) + (x, x) sr.i{xr\-i,x„.. Xr.i)J
Haec vero sunctionis propolae forma aperte prodit,,
eam esse symmetricam respectu quantitatum x , xi- et
xr\i. Quare, cum praeterea nuper demonstraturn sit,
unam ex his trinis, nimirum xr , aequa- sungi vice eam
reiiquis x/ ,x2r ..-.xr .I y erit s^ t(x,x, v.xr +z) sunctio sym-
metrice coustituta ex quantitatibus xrx/r..x,^*.

36. Cura demonstatum sit snro tgj, esse sunctio-
nem primam st (x, x\ symmetrice compositam ex:
quantitatibus xetx,; erit quoque, vi Theorematis n:o
praecedi exhibiti r sunctio secunda/2 (x,xnxj)tymme-
trica respectu quantitatum xs x, et x 2 ., Hinc simili
evinciturr-, tiocinio,esses, Cx->X/X2rx } y sunctionem sym-
metricam quanritaturox, x„ x2 et x,, Qua pergendo
via suGcessivead/4 (x,x/,~x

4 ),/!;
(x,x

/..x ; ),per veniendum
demum erit ad sunctionem derivatam ordinis cujus-
cunque r. Erit ergo generarim sr (x, x,,..Xr) sunctio
symmetrica quantitatum x%xn ., xr„
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37. si sit Vejusmodi sunctio quantitatum x,x,,%2 . .

xr, ut, posita x == x, == x 2 . .±=xt-

y . evanescat; facile pa-
tet, eam posse eoniiderari utpote conslatam ex termi-
nis V„• Vz ,<. Vr ita comparatis, ut, positis x, s x2r .. xr
singul atim —x, evaaescant Vti Vz , ,. Vr respective.
Quibus sub conditionibns erit (n:o 15) V, -~(K x—xt')sIP,i Vz ~(x — x 2 )s2 P 2 , denique Pr -- (x —xr y*
Pr , exprimentibus P,, P 2 , .. Pr sunctiones, quae, posi-
sis quot et quibusvis quantitatum sen X

2 , .. xr =* x, si-
nitae permaneant

38. Quod si sit V~ (x _ x/ )s,p/
Jr(x—X2 yipz , 4

(x-xrs Pr sunctio symmetrice composita ex quanti-
tatibus x„ xz , ..Xr jfacili probabitur negotio, esse s

/
= =

s2 & sr> Erit enim hoc in casu, transpositis interse X, et x2 , V quoque ==(* x2 ) */P/-s(x- x>P' 2-s,.
{x—Xr)srP 4r, denotantibus P/s PJ,..P'r eas sunctio-
nes, in quas transeunt, facta hac transpositione 5P„P,

?(.Pr respective. Unde obtinebitur (X — x,pr7Vs-(x-x,)«
P, 4.. (x~-xry>-Pr -= (x^x 2y'P/-\-(x-x,)52P z'Jr ..

(x-Xrp* P'r* Fiat jam in hac aequatione x 2==x3
-

=..x>=x,
quoea reduoatur ad hanc: (x-x/)y/(P/ )=(x-x/

p5(P/

2 4

9) Quam proprietatem omnibus esse communem ssinctid-
mbust, infra (n;o osr - 40)’ littera i* exprimendis-, in-an.
tecessaoj heic indicasse juvabit,-
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sive (P,) ~ (x - X,y*~ sj'(.P'z) transeuntibus nimirum,
vi hujusce determinationis, P, in (P,) et Pz , in (/V).
Quare, cum sit (P,) suapte natura talis, ut positox=X/,
non evaneseat, liquet esse s,~sz . simili omnino ra-
tiocinio reliquorum quoque indicum aequalitas de-
monstrari potest.

39- Theorema, si fuerit sr (x xn ..Xr) ==/*,- (x) 4(x-x,') P/(s)-s ..sr-x-). P4r 4 dico sore
A s/ {XyX„.Xr\i)=sr\t(*)+(X - X,)P,
4-.. {X - X^pPrjts^ 1),

Quia .est (Hyp.)/r *r) -sr(x) 4. (x-x,) P,(r) 4,
ix-Xz) P2 W -s- . . (*• - x,-) AW/ erit quoque /V {x,*-,,
. -sr (a-) 4. cx-x,) />

/W/ 4. (x-Xz) PJ^y 4-.*
(x-jrr-i) + (x - xr\i) /V»'. JJnde efficitur esse
srt, (*, X,, , . AVulz ' v -W) +

Xr ~ xr\t
{x~xz ){P z (j) ~ P z(r)') _J_ (x -■ xr .s - pr>t(ry)

— u« T" • j ‘ r; ——

xr - xni xr - Xr~i

4. (x - *»•) (A<0 - PAr)')
- p,.(r;vdenotantibusP,(r)',

aV r xr\i
P.W's , .

Pr.i^y j PrW, eos valores, quos obtine-
bunt iV>'\P/0 Pr.pr ),PAr) l} substituendox/t/, pro x,-.
Quod si in bae formula aequentur x, ,xz , .. Xr quan-
titati Xy omnes ejus termini evanescent, excepto ul-
timo Fr-ry, suapte natura tali, us substituta quanti-
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sate X pro x„ x2 , . . Xr -i et XVsi tranTeat in(Pr(r)J
designante videlicet (/V») sunctionem illam quantita-
sis X, in quam transit Pr r\ posita x' pro unaqua-
que quantitatum ab x, ad Xr inclusive. Est igitur
sr\t (*, x„ .. xru) sunctio ejus naturae, ut, aequatis
quantitati x omnibus reliquis ab x, usque ad^’’+I

inclusive, transmigret in sunctionem finitam quanti-
tatis * puta (Pr quae siat =/ct*(*), Quare erit
(n;o 37 & 30) srsi ( x , xn . . xrsi) = sr si (x) 4 K-\-P t
+. . Pctjt -srsi (x) -s- {x - x,)s P,(ct0 4(x - x z )s
P 2

(ctr) +• . . (* -•*ctt)* PrQuod si in sun-
ctione hac symmetrica inter se permutentur * et
erit quoque eadem = srsi (x,y 4 (x, - *)*■ P,(xsxy +
(at; - *

2 )* Plecti)' 4- ■
• (*/ “ *ct* )s Pcti(ctOV ubi

P,(ctt)', . PctiCctO' denotant novos Valores
sunctionum P,(cti)j P 2(cti),.. Pctrecti) ex bae transpo-
sitione orinndos. Comparando jam binas has sor-
mas sunctionis /cti (Xs x„ . . arcti) obtinebitur /cti
(X) - srsr (x,y =-[(*-*,)* P,(cti) +• (X - x 2 )s P2

(cti)
4•• (x ~ Xrs/'s Prsi(cti)} 4 P/(r^)/~i~(x/

-x 2 )s

P 2(ctO' 4. , <X, - Arctii Pcti(cti)). Quae aequatio,
ex comparatione sunctionum identicarum enata,sem-
per per sictet, ut demum cunque quantitates x,t xz ,..

xrjt definiantur. Fiat igitur unaquaque quantita-
tum x 2) ...xr = x,. Quo pacto habebitur / cti (*) -

/cti (r,) - -
- x,y [(P(cti)) 4 (P 2(ctct) 4• ♦

(Pilict 1 )} 4 (*> ~ x)i t«ct*y.V siVe/ct**) Filix,)
X ■

= - Crct*)51 p P/ctO) 4 (Picttr)) 4• • (PctiCct 1))} —
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(x, - x>-r. (P
;
(rtiy). EsI vero prius hujusee aequa-

tionis membrum, utpote sunctio prima sunctionis
srU (x), ka comparatum {n:o i6), ut, pro x = x„
vicem sunctionis finit® ipsius x subeat. Cui con-
gruenter conditioni erit s-i =o, sive s = x. Quo
probato propositi veritcts Theorematis in aperto est
lita.

40. Quia supra (n:o 31) probatum est,esse/,('xpr / )

si i X ) 4(X - x,) P; efficitur liinc vi Theorematis
prasced. e sic /2 (x, x,, x~) = s' (.x) 4 (x - x,) P,{»)
4- (x r- x-) P z{2). Unde porro pari ratiocinio evin-
citur esse /, (x, x, , x 2 , x 3 ) z: /“•' (x) 4(v ~ */) P/C?)
4- {x - x 2 ) P 2.(?; -s (X X 3) P 3

(s). Atque cum dehinc
eundem seqnendo ratiocinandi modum adsnoctiones de-
rivatas ahiorum [ordinum progredi) liceat,; erit genera-
tims■ (x, x; , .. xD ==• jr [x) 4(x x,) P,(j) 4
(x - Xj) Pz ir i 4.,{X- Xr )Fr (r ).

4T. skst’ propositse quantitates quotuis an ctq, .

.

ar : siant ex potestatibus harum positivis integris tot
producta formae a,s' . , quot ex his ea
lege combinandis, ut sit s, ct- s z -j- •

•sr = dato nu~

mero n, formari posTunt; summam exlcolligendis hisce
productis oriundam, compendiaria exhibendam sig,.
nandi ratione, liceat ponere = (*,, a*> •* <ir )». sic
e. gs. facto et »- designet (<7, 2 , a,) 2 hanc


