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§. 1.

vantum inter{it cum Aftronomiz tum icien-

tiarum ipfi adgnatarum & conjun&iffima-

rum, Geographiz atqve Artis Navigandi,

Figuram Telluris cognofci, hoc loco dice-
re noitram non e, Hanc a Spharica nonnihil
abludere, & qvidem ad polos comprefliorem effe,
ut przlucente ratione atqve inftitutis adcuratius
obfervationibus & menfuris compertum fuit, El=
lipticam = aflumere convenientiflimum videbatur.
Qva hypothefis , licet eam non modo dubiam fed
& minus veram eflfe, pofimedum graves omni-
no rationes non tam arguerint qvam evicerint: nee
dum tamen prorfus derelita a Mathematicis aut nes
glefta jacet; forte qvod aliam vel veriorem vel facie
liorem nondum extare, vel illam ipfam penitiori ad-
buc examini fubjiciendam judicent.” Qvidqvid fit,
hanc Figura Ellipticz bypothefin, qva fingulari ele,
gantia fe commendat & egregia calculi adminicula
praftat, nesjqvoqve nunc fupponimus.

A €. 2.
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Efto igitur POAD Ellipfis reprafentans meridi-
anum terreﬂrem , cujus feuipfius Telluris centrum G,
polus D, A punétum /Eqvatoris, femadlam&‘ter zqva-
toris C A — ¢, femiaxis terre C P = mz, OLUZ
recta normalis ad Ellipfin feu linea verticalis in Joco
obfervatoris O, cujus loci Latitudo fcilicet angulus
ALO dicatur L. Ad OZ, qva axibus Ellipfeas occur»
rat in L & Z, perpendicularis efto CU. Centro G
radio CA defcriptus fit circulus AH, cuiin H occur-
rat reta per O ad CA duéta perpendicularis OK. 'Sit
etjam ad CP perpendicularis OR. Circulum in H
tangens recta HT occurrat produ&tz CA in T. His
ita pofitis, in antece{lum monemus:

1. Per naturam Ellipfeos effe HK : OK:: CA: CP:¢
1: 1, feu OK = », HK.

1I. Jun&am re&tam T O tangere Ellipfin in O
( per Eléem. Se&. Con.). Et qvemadmodum (Euclk
EL il 17. 18. VL. 8) proportionales {funt CK. (CH
vel) CA; CT; ita idem valere conftat circa axem
alterum, fcilicet {i rea Ellip(in in' O tangens occur-
rat ipfi CP:in 8§, efle —CR, CP, CS, feu CR
o 8S= G P

Cor. Qvia re&us eft angulus LOT zqve ac
CHT ,ideoqve KL X KT=0K* & CK 4 KT=HK?;
erit KLHd KT : CK 4 KT vel Subnormalis KL : CK::
(OK?*: HK®:: per I.) CP*: CA*: wn: 1.

#a ) 2 ( E‘ ”‘ 1 :'--’T"‘:!?r.
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III. OL X OU = CP*=#%2*.. Nam (PRucl. VI,
S BOOLN URYI(EZ: £F::' €27 ZUl7) C3: 0U,
ideoqve OL X OU=CR K CS =(11) CP>,

_1V. In Ellip(i (ut & religvis Coni Se&ionibus )
Radium Curyaturz in punto gvolibet O effe propor-
tionalem cubo normalis OL, & qvidem (¥) = huic
cubo applicato ad qvadratum e femiparametro Axis
B =08 a2 tin

rincipalis, feu = CA.
lf) ! \a. poi CP /4 5 M inedi :
% Scuor. 1. Similiter & €x'di&is facile demonfira-
tur, pari ratione e{fe Subnormalem RZ: CR adec=
gve & normales OZ: OL:: CAz: CP*:: 1: nw;
8Z>< OU = CA* =au; atqve radium Cuarvaturz in
=CRB.” OZ"_um . Seqvuntur etjam' hzc ce
RS L AR A "
mnia ex valoribus mox (§ 3) inveniendis.

Scuor. 2. 8i CU produéta occurrat Ellipfi in D:
erit CD, qvippe (confir.) paraliela tangenti 0T,
femidiameter Conjugata ipfi- CO5 qvamobrem
(do&r. Se&. Con) re&ang, OU X CD = CA ' CP,;
Qva propofitione, (qvod 'in transcurf{u obfervamus)
collata cum iftis: OU ¥ OL=CP? & OU % 0Z =
CAz, feqvitur effe CP: CAs: OL: CD, nec non
CA: CP:: OZ: CD, adeoqve CD = OL = OZ

, ' : BBy
femper pnoporti_ona;lem;nirmali..OL vel 0Z, g
2 3.
(*) Kongl. Vet, Acad. Handl. 1744 p. 158. DELA CAILLE
Lec. Elem, de Mathem, § 837 Cfr. fis Rob, SIMSON
Seé, Con, Lib. V, prop, go, aliosve paffim,
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: . §. 3.
Datis CA & CP, faltem proportione: pro loco
0, latitudine dato, potiffimum invenire oportet
angulum COZ & femidiametrum CO, qvibus {pecia-
tim ad determinandus Parallaxes Aftronomicas opus
eft. Qvarantut infuper etjam reétz OL, OZ, QU,
cL, GZ, CU, LU, UZ, LZ, & Radius Curvaturz
Meridiant, "~
Eo fine ante omnia qvaro angulos ACH &
ACO, gvi dicantur M & N refpefive. Eft autem
Tang M: Tang N:: KH: KOi: (§ 2011 s, &
ng N: Tang L:: 2K+ OK.. g1 /€K :: (§2. Cor.)
Tang ngL R - KT KL:CK:: (§2.Cor.)
n#: T. . EBrgo Tang M= #». Tang L & Tang N=
nin. ‘Tang, L., Gognito fic vel utroqve vel, gvod.
pierumqve fufficit, alterutro angulorum'M & N,
non tantum mox innotefcit (feilicet folo'angulo N in=
vento) angulus qvalitus COZ =L — N (Eucl, L. 32)
qvi aberratio Latitudinis vocari poterit; {ed & ree
ligva inveniri poterunt, vario gvidem modo, fortas-
fis autem  optime uti feqvitur, - Pofito Sinu toto =
1y font HE =4, Sin:M,- CK == 4. Cof M, OK. =
(#. HK = ) na. SinnM; KL = (§2. Cor. #n. CK==)
nua, CofM. Jamin a:lo COH eft CO: CH:z: Cof,M: Cof
Nj; in.ailo OKL, OL:;OK:: x: Sin L3 in a:lo ORZ,
OZ: OR vel CK: 1: Cof L; OU = (§ 2. 1)
’_’_:i)% CL =CK'— KL, vel'in" alo'CLO, CL:
GO :: SinL — N: Sin L; in alo CLZ, CZ: CL::
TangL: 1y &LZ: CL:: 1: Cof L; in alo CLU,
s | , : CU:
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CY: CL: LU:: Sin L: 1t Cof L; denigvein a:lo
SUR UL L4 S L " 8ic igitur ‘obtinentot
CO = 4 Cof M = (*) ﬂtl. Sin Mz OL =

o Gof N o §ig N
Sin My OZ = 4, CO{' M= (*) « Sin M; OU=n4
Sin L + OB 1T _ 78_1?1_""
Sin L.= (*).4. Cof Lg CL_.I-—m: a, Col M;
Sin M Col M =

CZ = 1 - nn. a. TangL.CofM__ (*) 1— 7its 4.
g o
Sm M; GU: X um. Sin L Col’M "'(*) S
: T
Cofl L. 'Sm Ms; LU= 1 -zm 4., Cof Ls Cof Mj
UZ='t—<nu.a. Sin L. Sin M} 17 = 1 — um 4

Cof M= (*) 1 — . a. Sin M, Vel {i, ad inveni-
Cof L. Lotra‘i vk Tlaator o SL Ao ,
endas CL  &¢., feqvent:bus, noftro tamen _]udlCLO
non xqye commodls, uti mavis formulis: CL = CL = 4,
Cof M Sin (L — Ns) ~#al Sin M. Sin L_—-N:
Cof N, Sin L 7 8in L, Sin N
A 3 e

* Qvia. femper Cof: Sin::.r1: Tsng atqve (dem) angu-
Jorum L, M, N, Tangent‘es funt ut 1, 0, nn,
" Cor, Qvia, fi jungatur reda HL eft Tang ALH: Tang
ALO:: (HK: OK::) rin; erant Tangentes ‘qvatvor hoe
rum angulor ALH, ALO, ACH; ACO continue propor=
tionales & qvidem (ecundum rationem 1: n,
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C Z=a. CofM SinL—N - /- Sin M. SinL=N;

‘CofN.Col L ~ .Cof L.Sin N

CcU=ua. CofM Sin (L'—N)"ud Sin. L-"N Sin M
Cof N ' - Sin N

LU= 4. Cof M. Sin N__—_m:! Sin'M. SmE—-l\-

Cof N. TangL Tang L. Sin N

UZ =34 Tang .- Cof M. Sin L-—-N___m_
. CofiN¥ ’

Tang L SipM. Sin LN 1LZ =4, Cof M, Sin L—N;

Sin N . Sin L CofL. Cof N

= #a. Sin M.Sin L_N.
= CofL s Demqw.- (§ 2, 1V) Radius
. 4 (Sin M :’,__., ” . G0 1M .3
s ol o P ot o 5

NN %

Exhibuimus (§ 3) formulas, qv. ad calculum
numericim’; & ‘qvidem ad'{ingula qvafitorum inde-
pendenter a' religvis‘invenienday fint’ aptzﬂ’zmm fea
qvee conimodas regulas pra&xcas:, in'ufus Aftrono~
micos & Geographicos, contineant. - Poterunt aue
tem; qvod nonnunqvamy utile erit, in alias converti,
fpeciatim tales, qvas non nifi; CA; CP, atqve Lati:
tudinis" vel Tangens vel Sipus vel Colinus. ingredi-

antur. Sic _pofite Tang = &y fupt Cof L =
P DL TR 5 -——'———- Tang M ="ty COFM-—-
VI-I-U, \/1+H, i il

VI nutt,
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v 1~+mJH, ./ v-+nuil) :
' ! ' § Hut ; g e :
Cof.! “N" "Wd il ===  QVOIUMmM valorum
\/ — % }‘t ’ Wiy oo o hanet s

fub(titatione in § 3, prodeunt formulz, qva
non nifi #, ¢ & ¢, coatinebunt. Juvat etiam
notare, qvod Tang COL = Tang L — N =
(-* Tang L= MangN\: € v=22)tnll [ T

15+ Tapg LiMTang. N)"' v P :
Tang L. Cof M*= (I'-—' Wi, TangM Coi' ‘M“ -—)

7
Y — #'7l. Sm M CofM —i I — it Sm 2 M chvl.
44 S rwid RIE shap ¢ibu

tar 1dem ex mvenns (‘§ 3). valor:bus :pfarum L 318

QU lqvatenust Tang: COL = %“U “Sic etiam sin
ouU

COL = CU=9=#mn Sin L. CofN

e " |

Scnor_, Alns u{'bus :nferwré poterunt formula!,
qvas ingrediatur non ¢ fed v, ‘g lablciffa’ CK =",
; Nos

(*) Hoc ‘Theorema paﬂ”m (ur MACLAUR T of
“Flox, §.'922) ablqve demonftratione hﬂhﬂﬁrum, facile
probatur 3 vid, fis, F, C., MAYER Comm, Petrop. T
Il. p. 143 DE LA LANDE Aftron, “§. 20323 Exerc,
Mife, Math, Phyf, Fafc. 11, §, 13, Aboz 1748,
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Notandum igitur quod z = %‘é:(g g.1. & IL Cor,)

;;.____I-IK‘__}_J__Ii, Vaa— X%y qvi valor loco ipfius
1m.CK'“"i:.CK"""] IR o s "

¢ adhibeatuse) - inusbowa .o 2 i

6 5

Definiatur fub qva Latitudine loci & qvantus

{it angulus COZ maximus.. Qvia (§3) COZ =

L — N, oportet iam efle fluxionem dL —=dN, hoc
et (ob Tang L=¢ & Tang N=wuunt,) di

. 1 A=t =

21315 unde 11 = (I_'m ::)'l adeoqve ¢
I—+n*tt . nu—nt ./ un, ot

' — 1. = CA, A;. _ o fp =
feu Tang L = 3% =5 & nnt feu Tang Nzu=

gP_Ai jun&a igitur AP, eft qvafita Latitudo L =

ang CPA, N = CAP, angulus maximus COZ =
CPA—CAP=2CPA—90° = 90°—2 CAP, ideoqve
Blem. Trig) Tang :C0Z = CA—=CP__177,
( 8) Tang ' CA+CP —"1~+1n
Vel hoc modo: maximus erit Ang, COZ qvando
¢jus Tangens vel (§4) huic proportionalis qvantitas

- ’ 2 . j lz z - - . - .
! __ maxima fuerit, ideogve evanuerit hujus
T '

famenda. fluxio L 77 12) 4t

~? h,e.ubi1 = #ntz,
(x—+nnit)’

ac
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':""'f"‘"":.'fl'? ny '._'.1“ 1 iaaTy L
ac proinde 7 = ~ut antea. -Vel, non adhibendo.
methodum fluxionum s fic: Tang COZ eft (§ 4)
proportionalis 1pfi Sin''2 My at Sin: 2 M eft maxis
mus qvando M = 45" adegque Fang M feu ns
=1. Hunc ipfius ¢ valorem -;‘; fubftituendo in
generali Tangentis, €OZ walore (§4), in cafit
maximi it Tang CQZ o ibm® 8 s dmttle (Lom iy

SRR (1 T s X 2
(A= CPY(CA~ CRY.2 CA” = CP? — (G F fiies
2 CACP 2 CA.-CP ,

- : CP?
!"lt FQSUSI%!IIP&OS) nignQRICP] 2o H 4

- Frgctor Gum “fit femper '€ OZ "complementum
ipus COS (2 OCU. )vel COM# e anguli ordi-
natarum diametro CO: patet COZ maximum effe,
gvando angulus’, gvo CO ‘& diameter ipfi conjuga«
ta.(efr § 2 Schol. 2) ad fe inclinantur, fuerit maxi-
me obliqvus, adeoqve maximus (ab una parte) vel
mioimus (ab altera). D¢ hoc cafu & de inveni=
endis conftru@ione pun&is O ita pofitis in Ellipfi,
vid- {is -SIMSON Seét. Con. L. IV, prop. 6. Caf. 1.
coll. prop. 4. Corr. vel potius HAUSEN Elem, Seét. |
Conprapy, 13« €jusqve, Schol

7-“ y .__§- 61-
Similiter qvarere lubet, qvo cafu & qvanta -
{it maxima CU, diftantia fcilicet line® verticalis
s B 0Z '
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0Z a Centro C, Qvia tunc etjam maxgmum erit

CU* "ideogve ( § g ;. 4} 'Sin L. cof M P
. it ) i .
Cto D), (1% fie tt) fumenda hUJUS ﬁuxm‘

ot (renmit)ds fiatoatar =0, h'e, mn‘ﬁr, undc
Cl— 12, L=+ unit)*

fit ¢ feu Tang L = ‘/ ! & g.g’ & hunc pr'us ¢

valorem mferendo generah expreﬁ"mm (y=nm)at
V(1—+1t) (1—nsits)
ipfits CU, obtinemus dxﬁantxam maximam CU=

I-”oa—GA-"CPo g ¢ )

Cor. 1.Hazc Latitudo minor eft La‘titudidc illa
(§5) cui refpondet ang. COZ maximus, utraqve

autem > 45°% Nam ob » <1, erit y < (ant

in §5) at utragve =1 feu Tang 45 .

_ Cor, 2. Et'quidem Latitudinis hujus, cui compctlt
maxima CU, 'l“angens eft medius proportionalis inter
tangentes anguli femirei atqve Latitudinis habentis

maximam aberrationem COZ, Etenim -1, \/-— I;Ix
. 7t He

Cor. 3. Ubi CU'éf’c maxima; fit (§4) Tang

col = Fer o Gha Bt _,_T,C,___ = ideogve
i, o VEAL TPt VI Aan :
oU = v GAs CP. = CD (§. 2 Schoi. 2.)
gy S o



