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,
. +2* sin ien

. sin {b —nc cx -s- i. c)
1 sm =

3
» sin i >

sin (b + cx — |. c)
= +

2n sin ic" ;

adhibito nimirum signo —, si n inter numeros est

2, 6, io, i4, &c..
+ vero, si inter

4, 8, 12, 16, &c.;

nec non, si n impar ,

+ 2n sin £ e n
. Cos (b — nc-\- cx 4- £. c)

2” sin <*+“> =

a”~ssaT?-
_

Cos {b ~s- cx — 4 • c)

obtinente —, si n inter numeros est

i > Qj i5_, &c.

vero, si inter
5, 7, n, i5, &c. *)

*) Allatos istos valores simplicissimos seriei

sin(i—«c+c*)~nsin (i—nc+s*+<) 4- —— sin (i—nc4-c*4-2c) — &c,
I t i
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Obtinebit igitur tabella valonim particularium
sequens, quam in promtu habere commodum sae-
pe est

ex n -|~ i terminis compositae, sequenti investigari modo
observasse convenit. Posito brevitatis ergo

b — nc -j~ cx = d.
nec non

sin d — sin (cZ-{-c) =— 2 sin ic . Cos (<Z-j~i c ) =ad

Cos [d-\-ic) — Cos (cZ-j-|c) =4“ 2 sin ic • id~hc)=Pd •

obtineri perspicuum facile est aequationes sequentes

sin d — sin ( d-\-c) = — 2 sin i c . Cos = aJ dy

sin d— 2 sin (tZ-j-c) sin (tZ-j-sc)

-a
d

— a
dx. c

~— 2 si° i c (Cos — Cos (sZ-J-|c))

= — 2 sin i c . p
d

= — 2 sin ic. -j- 2 sin s c sin (tZ-s-c)
i

=— ? 1 sin |c2
, sin (cZ-{-c ) =a' ,

sin c? — 5 sin (d-}~ c ) + 5 sin (cZ-{-2c) — sin (cZ-sr 5c)

= a'
d

— a '

d+e
= ” sin ic2 (sin (<Z-|~c) — sin (cZ-b 2c))
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isi.(H«) = -

c°i(y-'r|r)
x 1 J 2 sin 2 c

s 2 sin (h+cx) = - s;n(^-n-v 1 ' 4 sin 1c2

=— 22 sin £c 2
. « =— 22 sin|c a

.— 2 sin ic Cos (d-J-|c)

= -j- 2 3 sin ic3 Cos (JI c) = a"

d >

sin d—4 sin(d-{- c )-s-6sin(sZ-{-2c)—4sin(£Z-j-3c)-J-sin(tZ-|-4c)

=a"— «" = -{- 2 3 sin ic3 (Cos (J-{-|o) — Cos (d-s-|c))
4 4"s“C

- 2 3 sin sc3 =+ 2 3 sin | c 3 .+ 12 sin £c sin (d-j-2c)

= -|-2 4 sinsc* sin(d4-2s) = «"'
d ,

sin d —,5 sin (ds-}-c) -j— 10 sin (cZ-|-2c) — 10 sin (c?-|-3c)

-ssi5 sin(tZ-s-4c) — sin(d-j-5c)

= a"' -r-a'" , =-}-2 4 sinsc 4 (sin (J-s-ac) — sin(c?4-5c))
d 44-c

__J_ 24 sin|:C4.a^ic =-|-2 4 sin^c4
.— 2 sinicCos(£Z-j-|c)

_— a 5 sInsc5 Qos{d-{-{c)-tt""d ,

sin d— 6sin(<2-}-c) -{- 15 sin(c?-}-2c) —20 sin(d-{4cj-s-

i5sin(cs-{-4c) — 6 sin(cs-|-5c)-|-sln (<2-}-6c)
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Z>sin{H»)=+ 22——

v * y * 8 sin 5c 3

n* si ? \ i sin ih-{~cx — 2 c)Z»sm(t+c,)=+ ,‘ sh< ,.

-a""
d
— a*® =

— 2 s sin|c 5 (Cos {d-\-{c) — Cos(ti-{-J c ))

=
— 2

? sin|c5
, jc= —2 5 sInic! .-s- 2 sinscsin(rs-s-3c)

=— 3 5 sin£c 5 sin (J-]-5c) = a""/

i ,

sicque porro; unde curo perspiciatur seriem de qua agitur

sin d— n sin (cZ-s-c) -s- sin (d-j-sc) — &c,
,

ad «-}-i scilicet terminos continuatam, pro n = 3>4_, 6 „

8Cc., valores respective accipere particulares

—2 2 sin ic2 sin ( d-\-c)

-s- 2 4 sin sc4 sin [d-\-2C)
—2® sin ics sin(c?-{-3r)
* * *

nec non, pro n ~ 1,3,5, &c,, valores

— 2 sinsc Cos ( d-\~ic)

4~ 3 3 sin*c 3 Gos(c?-{-|c)
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2 5 sin(64-c*) = — ££iis±£iZ±>v 1 ' Ji sin sc 5

Z-sin(H^)=-2^s^
= + —

28 sin(&-s-c.r) = +

2® sin(6-]-ca?) = -

2« ? sin(6+«) s -aJg=^

Per allata hactenus exhiberi igitur ope formu-
Ice b) in terminis finitis possunt

v g*F + hx<! + &c - . jv
a?(x-j-ij (x-]-2j .... (x-\-m )

atque

2 {gxF -J- hxq
-|- &c.).o* sin (5-s-cac) . .

, II j.

— 2 5 sin \c* Cos (d-silc)

per inductionem allatse supra formulae facile colliguntur.
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ubi observandum tamen, ut ex praecedentibus sa-
cile colligitur, est, in forma I) summam ipsius x
potestatem in numeratore ad minimum duabus uni-
tatibus numero factorum in denominatore inserio-
rem esse debere.

Generaliores vero quodammodo evadere ad-
huc posse ipsas I), II), per formulam b ) determi-
nandas, observasse operae est pretium.

Ad formam scilicet I) in genere reduci potest
universalior ista

gxp 4- hx* 4- &C.
V 2 ! 1 nn

(#-{-«) (a>j-6) (*+c) •■ •. («-j-4)

ubi a, b, c, .
.

. / quantitates sunt quaecumque,
sive positivae sive negativae (sive etiam aliqua ea-
rum = o), quae numeris scilicet integris invicem
disserant, omnesque etiam inter se inaequales ha-
beantur, obtinente tamen memorata nuperrime
conditione summam ipsius x potestatem in nume-
ratore numerumque factorum denorainatoris re-
spiciente.

Posita scilicet k minima ipsarum a, h, c, .../,
(si positivae scilicet omnes habeantur, alias autem
negativarum ponenda eadem est maxima) per as-
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sumtam hasce inter quantitates relationem mani-
sestum est haberi

gx? -I- hx y -4- &c.
__

gx? 4- hx 4- &c,

(*4-<z) (*4-b) (*H-0 •♦ • C*-4-A)(*4-A4-a/}(*4-A4-£') .• • • (-*"4~A4-A / ) *

ubi a‘, b‘, . . k 1
, numeri integri positivi sunt. Fa-

cta igitur
a -s- Jt = y,

habebitur

gxr -s- hx q
-{- &c.

_

g(y—b)P-\-h(y—£)?-J-&c.
(H-«XH-6X*ssi c) •'' .Kyssi«')CH-6'J... o-sPJ ’

positoque dein

2
g <y—*)p

+ My—k) q 4- &c.
_

y (y+b') • ■ sjH-*') “

prodibit tandem

v sxP 4“ 4" &c -

#
~

(a;-|-aj(a;-j-6j(x+cj ... ” )

*) Q U0(i quidem inde sequitur, quod, posito

Exx =, xpx,

habebitur nescessario
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Ad determinationem igitur sunctionis y revo-
catam videmus formam qucesilam III): determina-

- y{x-\-a),
denotantibus /> sunctiones quascumque, et « quantita;
tem quamvis ab x non pendentem. Habetur scilicet, ob
assumtam

Exx = ipx,

per Ideam signi 2, sequatio

XX = y{x-{-i)—rpx
pro omnibus ipsius x valoribus identica; hincque igitur

/(x-j-a) = V'(*+“+ 1 )—V'(*-H*)»
i. e.

x{x-\-a) - —xp{x-\-a),
identica etiam omnibus pro valorlbus ipsius X; unde, per
definitionem signi 2, siet

Zx{x-]~a) = y{x-{-u).

Erit igitur vi asquationis

g'y—*)F + h(y~h)q -s &c.
y(y+«'XH- 6'J •• • •*+*')

necessario


