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A Lusula fenfa generaliffimo denotare pot-
&£ eft figuram, duabus lineis curvis, in
fuperficie quacunque defcriptis & fibi
poeccurrentibus, terminatam; atque, pro diverfa hu-
jus fuperficiei indole, vel plana, vel [therice (a)
&e. vocari (b).

(2) Quadraturam quarundam Lunularum Sphevicarum pro=
pofuic LEIBNITIUS in A&is Erud. Lipf, A, 1692, p, 277,
(%) Eatenus quoque foperficies lingularum curyatas, ad clag=
fem Lunglarum referre licet

G 11,

Pro varia curvarum (§. L) natura, Lunule pla-
pe varias iterum fortiuntur denominationes (¢). Non
autem nili Lunul® circulares noftr& nunc erunt
confiderationis.

a . () LB-_
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(<) Eunule Elliptice guadrabiles exhibentur in Konmgl. Ver,
dead, Handl. 1757, p.218, feqq. Lsnularam Cyclo - pcraﬁahu-
rum 1, e. arcu circalari. & arcu parabole contentarum, men-
tionem fecic WOLFIUS in 4, Erad, Lip[. 1715, p.'213. 217,

6. 1L

Lunula Circularis (*) nobis e Spatium ACBD
duobus arcubus c:rcular:bus, convexo ‘ACB & con-
cavo (d) ADB, in plano communi defcriptis atque
fe mutuo f{ecantibus (¢) comprehenfum. Vocari et-
jam a nonnullis interdum folet Menifcus.

(*) Tefte RRAFFT (in Infir, Geom, Sublimior, T, I, §,
165.) theoriam Lunularum generalem & eleganter dedit quone
dam in Exercitationibus Mathematicis, Venetiis A, 1724 edi=
tis, atque, inter alia, methodum determmandl omnes innu-
meras Lunulas quadrabiles propofuir DAN, BERNOULLI,
Ractio generalis id prazftandi continetur quoque in'§.§. -7,
21, diffzrcationis cojusdam (vid, Comment. Petrop, T, IX, p. 207,
fegq.) L. EULERI occupari in folvendo Problemate quo-
dam Geomeztrico circa Lunulas a circulis formaras, cujus
particularem folutionem antea dederat modo nominatus BER=
NOULLL

(d) Altero fcil, convexitatem, altero concavitatem, ex-
trorfum vertente; neque enim, quod fciam, figura utrinque
convexa, fenfu maxime proprio Lunula dici fvevit; ut tae
ceam nondam adparuiffe quadraturam ullius fparii ex duoe
bus fegmentis circularibus -conflati.

(e) His omnibus opus eft determinacionibus jun&im fue
mendis, ut hzc Lunula & plana effe intelligatur, & com a
circulo integro tum a {patio qnovis annulari difcernacur, ‘Et
quamvis viderimus etjam Lunulz nomine nonnunquam (ut in
4it, Erud, Lipf, 1709, p. 81, & KRAFFT, Inftic, Geom, Sub-

lim,
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lim, T, I, §. 181,) venire fpatium, inter peripherias intepras
duorum circulorum, quarum altera alteram intus. tangit, in=
terjeGum: in definita tamen vocis acceptione nunc manebi=
mos, Cazterum quz in §§.4-9. de his Lunulis dicentur,
eorum vel omni vel plenaria demonftratione fuperfedemus 3
quia partim. perfacile ex primis Geometriz elementis fluunty
partim ad caput tralationis neftrz haud pertinent,

6 IV.

Sunto (f) E, F (Fig. I. 3. 4. 5. 6.) centra cir-
culorum ACB, ADB, refpeétive: reta linea FEDGC
per hzc centra tranfiens Axis Lunule merito dicas
tur; quippe qua bifariam, in partes fcil. @quales,
fimiles & utrinque fimiliter pofitas dividit Lunulam
ipfam ejusque arcus, immo totam figuram, ut an-
gulos AEB, AFB, qui awnguli convexitatis & concavis
tatis dicentur (g); Seftores AEBCA, AFBDA} Seg-
menta ABDA, ABCA; chordam denique circulis
communem videlicet re&tam AB feu Bufin Lunulz,
atque huic perpendicularis eft. Spatium igitur mix.
tilineom ACD vel BCD Semilunula vocari poterit,

(f) Vid, EUCL, Elem, Lib, Il Prop, 5.  (g) Ut
&, alio quidem refpe@u, anguli Sefforum EUCL, Elem, VI,
33, Caterum fieri poteft ut horum angulorum vel alterater
vel uterque ‘duos rectos fuperet, qualis quidem gibbus fen
convexss paflim dicicar (Gallice gngle rentrant),  Semifles
autem eorum AEC, AFC non poffunt non fingulz efle duo-
bus re&is minores, feu anguli fenfu maxims proprio; qua-
les {pecifico nomine: comcavi (Angles [aillans) monpunquam
yocantar,

Ag §. V.
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§, Vs ey /
~ Angualad cufvilinens CAD (vel CBD), qul a#-
gilus Lunule vocari poterit, @qualis cenfendus eft
angulo redtilineo EAF quem éfficiont radii EA, FA
circulorum ad aiterotrum inter{eétionis (§ 3.) puns

&um A dudi (b)s ‘ .

(&) Confr, EUCL, Elem, Libr, III; Prop; 164
S P o el

Arcis Lonule integri non poflurit non & jings
guales efle & diffimiles.  Scilicet arcus convexus 8
longitudiné major érit ¢oncave; & majorem ad to<
tam circuli peripheriam habebit proportionem, feu
(S. 4) angulus convexitntis mejoi erit aiigulo copcas
witatis (1); & (k) femidifferentia eorum ipfe aigus
lis Lunule (§5.). Diflimiles ergo etjam erunt Ses
&tores EACB & FADB horumque dimidii EAC &
FAD. ; ’

(i) Bcilitet dum centris £, F per A delcribuntur intrd
angulum AFE vel AEC arcvs circulares AC, AD: erit (EU-
CLID. Elem, I, %) FA vel FD & FC} unde patet iftorom
arcuum adsoque & (S, 4.) integrorum Lunucle arcuum prio-
¢m fore extrorfom convexum, pofterierem concavum, At
ibi ad cenerum infiftic externus Trianguli ALK angulus AEC,

huic internus AFE. Ergo &c. EUCL, Elem I, 16, VL 33,
Cor. 1. (%) EUCL, Elém. I, 32

§. ViL _
 Si redigs concavitaris foetit major (minor) ras
dio convexitatis¢ erit maxima Lunulz latitudo CD
: quz



DR A
tue fimpliciter Latitndo Lunvle dicatur, aqualis die
fiantie centrorum EF, demtd (additi) radiorum
ditierentia. Vel generatim GD — EF -- EA — FA;,
ice, prodibit latitudo Lunulz, fi diftantiz centro-
rum  adiiciatur radius coenvexitatis & fubtrahatur
radius cencavitatis,

§. viir

Quod (i ambo radii fuerint zquales, quo in
tafu Lunnla Lquicurva voearivpoflet: erit latitudo e
jus (§. 7)) =mqualis diffantie centrorsm, & {umma ars
cuum, leu perimeter Lynule, toti peripherie civenlis
adeo ut alter alterius {it fupplementum ad totam
peripheriad; convexys quidems femicirculo major,
concavus {emicirculo minor (J)

(¢) Coeanfr, §. 6, :

- §. IX,

Duo circuli integri femet fecando duas efficiunt
Lunulas oppofitas; quibus ergo communia funt ars
cuum centra, axis, bafis & @=quales anguli (§ 5.
At arcus convexas alterius et fuplementum arcu$
concavi alterius ad totam circumferentiam, & fé»
mifumma latitudinum (§. 7.) 2qualis diftantiz cens
trorum; funtque hz Lunulz & inzquales & diffie
‘miles, nifi (§8.) &quicurvae fuerint. '

£ X A
Si &quales conftrui pofiint Se@ores circulares

EAC, FAD: fequiturs utrinque aut (Fig. I»3.44.)
: A3 . - abla-
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ablato communi, aut (Fig. 5.) addito, (i quod Se-
&ores illos & axem interjacet, fpatio mixtilineo
EAD, aut denique, {i res talerit, fa&a tum fubtra-
&tione, tum additione, fore Semilunulam ACD =
Triangulo re&ilineo EAF; adeoque dabitur perfe-
&a OQuadratura hujus ipfius Lunule, Non poffe igi-
tur uilam Lunulam ®quicurvam (§. 8.) hoc quidem
pafto quadrari, patet, §. G.

¢ XL

Dato radio, Se&tores eirculares funt (m) ut an-
guli ipforum; dato autem angulo, ut quadrata ra-
diorum (#); quare neutro dato, feu generatim erunt
ut anguli & quadrata radiorum conjun&im, i. e.
Setores EAC & FAD in ratione compofita ang.
AEC X AE?: ang. AFC 4 AF=.

(m) EUCL, Elem, L. VI, Prop,’33, Cor,1,  (n) Cfr,
EUCL, Elem, L, XIl, Prep, 2.

§. XIl.

Ad obtinendam igitur (& ro.) equalitatem Se
&orum circularium diffimilium (§: 6.) efficiendum eft
ut (§. 11.) anguli eorum fintin ratione duplicata in-
werfa radiorum, Sic zquates tum demum erunt Ses
&tores EAC & FAD fi ang. AEC: ang. AFC:: AF*:
AE*, fcilicet anguli convegilatis & concavitatis in-
verfe ut quadrata ex radiis Setorum.

Schol, Sunt vero tunc etjam Arews AC & AD, feu ACB
& ADB, inverfe ut radii eorum AE, AF, Sunt enim femper

Scdoe
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Se&ores in ‘ratione compofita radiorom ‘atque arctium; Cfr,
ARCHIMED., ¢ Circulo <5 adfes,

6. XIII.

Data ergo feu afflumta ratione aliqua angulo-
‘rum convexitatis & concavitatis (6. 4.) qua ‘ratio
fit =m:n & quidem (§ 6.) m > »n: eo redit nego-
tium ut (§. 12) conftituatur Triangulum reftilineum
AEF, cujus angulus externus AEC {it ad oppofitum
internum AFE ut m:n, {imulque quadrata laterum
‘iftis angulis oppofitorum AFg: AEq in eadem ra-
tione m: 1, vel latera ipfa AF:dE:: Vm: yn::m:
Vo 22 Jdmun :n, Vel quod eodem recidit (0): inves
niendum eft fpecie Triangulum 4£F, in quo {int
duo anguli interni EAF: AFE::m— n:n atque la-
tera primo nominatum angulum EAF comprehen-

dentia AF:AE:: Vm: Vi, Sic obtinebitur Luunla
perfe@e quadrabilis, cujus quidem angulus (§§. 5.6
fit ad femiflem anguli concavitatis ut m — 7 : 7

(o) EUCL, Elem, L, V, 17, I, 32,

Scho/, Brevitati fladentes, ejusmodi tantum, qua reé&id
& circulo abfolvi poflunt, idepque pracipvo quodam jure
Geometrica vocari merentur, conftru&iones comminifcemurs
feu eag tantum Lunuolas qoadrabiles defcribendi rationem
trademus, quarum delineatio non plara ‘quam Euvclidea ifta
fupponit Poftulata, Confiderabimus fcilicet potiffimum &
{peciatim quinque hos cafus ubi win"2:1, 3:1, 3:2
§:1, y: 3. Neque enim pauciores (*) neque, puto, plures
Lunulz ‘quadrabiles conftrui reguld & circine poffunt. U=

trum vero eas omnes figillatim percra@averit vel BERNOUL-
LI
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1T (8. 2. not, *) vel alius quispiam? nobis haud innotuit,
Czteram quamvis data ratione m:n, non amwplivs, (i qui-
dem fcopo propefito (§. 10.) fatisfieri dcbet, arbirraria {=d
omnimode decerminata (it ratio 4F: 4B : conftruciiones tamen
‘T'riangali noiri 4EF proponemus generaliores, a{lumendo
primum rationem 4F; 4E laterym quamcunque, & a rations
m :n haud pendentem, Demonftrationes autem fynthericas,
ex Analyfibus noftris Geomstrigis haud difficulter concinnan=
das, ut & diverfas conftru@ionum modificationes, brevitas
fis ftudio omittemus, ’

. (*) Id camen fatis diferte adferic KRAFFT (Geomet,
Subl, T, 1, §. 167.) his verbis: Flures (duabus illis priorie
bus, quas coniideraverat) ejusmodi Lunuls invenivi poffunt,
fi affumantur “rationes alie (quam 2 :1 & 3 L) Aumeris exe
prefje; [ed equationes prodeunt fic ad NB, altiores etjam perpee
tuo dimenfiones. affurgentes, atgue adeo minus concinng.  Quam
minus refle vel adpefite bzc dixerit, jodicari poterit ex {ge
quentibus noflris §$, 20, 22, 24. 27,

CASUS 1., Fig.:r.

§, XIV. Si ponatur (§.13.)m:m:;2: 1, erit ang,
EAF — AFE; adeoque Triangulum AEF zquicrarume
Et quemadmodum generatim conftruéta ?"acillimum
eft Triangulum zquicrurum, data ratione bafeos AF
& cruris AE vel EF: fic & fpeciatim dum rationém
AF : AE oportet effe fubdaplicatam ipfius (m 1z =)
2 :1. Scilicet (§. 12.13.,) AF? =2AE? = (cb AE=
EF) AE? + BF?; ergo (p) ang. AEF reétus. Fiat
ergo reéte AE, magnitudinis datz vel arbitrariz,
perpendicularis & zqualis EF tum centris E & F

de-
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defcribendi per A feu intervallis EA & FA, arcus
circulares (*) ACB & ADB comprehendent ZLwiiu-
lam quadrabilem f{implicillimam & maxime concin-
nam ACBDA, quz, ab inventere, HIPPOCRATIS
cognominatur, & quidem fpeciatim Lanula Quadran-
talis, Eft mimirum arcus convexus ACB Semicircu-
fus, concavus ADB Quadrans circuli, Lunula ipfa
= Triangulo AFB — AEq.

Coroll, Pofito radio convexitatis AE = 1t erit radius
toncaviearis AF = Vo, Diffantia centrorum EF = 1, Bafis Lu=
wule AB — 2, Latitudo CD —2 = V2 (§. 7.). °

(7) EUCL; Elem, Lib, I, prop, 48.

(*) Ita fcilicety ut arcus uterque & pun&um F cadant
ad oppofitas re&z AB partes 3 quod etiam nbique in fequen-
tibus. circa conftru&iones czterarum Lunularum eft incelli-

gendum, ne confundatur Lunula conftruenda cum altera ipfi
oppofita clr, §S. 9, 28.!

§ XV.

De hac Lunula Quadrantali przterea memora-
ta dignum elt (*): quod reffe quacunque e centro
F concavitatis per eam dudla FHK tum arcus propor-
zionaliter f[ecet, ita ut partes refe@z AMK & AH,
vel KB & HB, {int totis ACB, ADB proportiona-
des, tam ab ipfa Lunuia portionemn AMKH vel KBH
guadrabilem abicindat. Fiat enim refta ANO per-
pendicularis ad FK, jungatar AK, jungi etiam in-
telligantur EK, FO. Ob AE = EF, cadit'F in pe-
ripheriam circuli ACB continuatam; quare (¢) angs
4EK — 2AFK = AF0 (r), achus AMK AHO (:9.({“—1)

Imis
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fimiles ‘ideoque propottionales radiis fuis AR, AR,
Ergo AMK: AH ::24E : dF:: arc. 4CB: ADB. Porro
fegmenta citcularia AMK, AHO, ob (imilitudinem
{dem.) arcuum, fimilia, funt ut quadrata radiorum
AEq :AFqg:: (6 14)) 112, feu Segin. AMK = ! AHO
= AHN; adjetto igitur utrinque fpatio AHK, erit
portio Lunulee AMKH = triangulo ANK reétilineo,
Czterum ob (¢) ang. AKF = } AEF femirefto, (imis
Jia funt triangula ANK AFB reftzngula & quidem
wquicrura; proinde (/) triang. ANK: tr. 4F8 :: AKgt
ABg :: ((5) dufta KL perpendiculari ad AB) AB
AL : ABg :t (2) 4L 4B :: tr. AFL 5 tr. 4FB.  Ergo
quoq_u; portiv Lunulz 4M&H = tr. 4LF, & BHK
o= BLE .
(*) Cir. fis, WHISTON &chol, 2. 8d, EUCL. EJ, 1ib, X1,
prop. 8. (3) EUCL,EL 1, 20, (7) EUCL, EA, 111 330,
27, vel IV, 33, (/) VLig. (s UL g1, VI, Cor, 8. 1
() VL1 ,

Coroll. Quzlibet hujus Lunulz portio, ut BYZ vel
KHYZ, aut unid aut doabus redis FK FZ, e centro F cones
cavitatis dudtis definita, & quadrabilis eft & divifibilis in
ratione (redis lineis) data quacunque, vel in partes date
magnicudinis {jofto non majores ), Se&a videlicet bafi BU
vel UL in data ratione, e pundis divifionum ducenda ad
eam perpendicula definient in arcu convexo punda jungens
da com ipfo F, Bajin avtem portionis voco partem baicos
Lunulz interjacente perpendicula KL ZU in eam ab exe
tremis Ky Z, arcus tonvexi KZ duda,

- § XV,
Neque pratermittendz hot loce fant, utpote
- qua
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qua etiam arcus convexos habent Semicireulares,
Lunule conjugate, quarum qoadraturam primus de-
texifle fertur idem HIPPOCRATES Chius, Sit (Fig.
2.) ADTP femicirculus fuper hypotenufa AP trian-
guli retanguli ABP conftitutus (#): {int porro ACB
‘& BSP femicirculi diametris AB & BP feu ca-
thetis defcripti, Eft itaque (v) area femicirculi
ADP — femicirculis ACB —+ BSP. Ablatis igitur u-
trinque fpatiis communibus nim, fegmentis ADB &
BTP, binz Lunulz foperftites ACBDA BSPTB fi.
mul fumtz ®quales funt Triang. reGilineari 4BP (),

(#) Cfr, EUCL, EL Ill,39. (%) EUCL, El, VL 31,
X1, 2, (*) Non ideg tamen fingulz quadraturam ad.
miccant: quando enim f{calenom eft Triangplum ABP, Lus
pulz he diffimiles funt, nec proinde comparari inter fe poss
funt, Quod fi autem Ifofceles fuetic Triang. ABP, Lunule
_i:onjugatz & =quales & fimiles erunt & quidem quadranias
s §. 144

CASUS I Fis. %

§. XVII, Si m:n::3; 1, refolvendum eft hoe
PROBLEMA, Datis durobus lateribus AF, 4E vel ra-
tione eorum, conflruere Triangulum AFE, cujus angye
Jus externus 4EC, alterutri ifforum laterum oppofirus,
fit triplus imerni oppofiti F & bafi EF adjacentis; feu
(S 13.) cujus angulus FAE ad verticem [it duplus gl

terutrins anguli Fg ad bafin, =
Analyfis, Quia (hyp.) ang. FAE = 2AFE: bife.
ftus intelligatur ang, FAE re&a AP; erit ang. PAE
= PAF = AFE; AP(a) ==PF; ang. APE = (x)
' B3 2AFE
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e2AFE == FAE; Triang. APE » FAE, unde in utros
que eadem erit ratio fumme laterum ad balin, {ci-
licet AF i— AE; EF:: (AP 4= PB few) EF: AR, adeo=
que in quazfito triangulo, AFE balis £F erit media
propostionalis inter fummam laterum 4F +— 42 atque
latus angulo F oppofitum 4£; unde facilis emergit
Conftruttio. Proinde etjam :

(») BUCL,EL L6 () L33,
6. Xvil,

Luimila quadrabilis, cujus angulus convexitatis tvis
plus fit angeli concavitatisy conflrui fequentem in mos
dum poterit (*). Redle 4E, qua fit radius convés
xitatis vel datus vel pro arbitrio femendusy fiat in
A perpendicularis HE, in qua utrinque a puhéto A
capiantur AM = AK = AE; centro H radio HK
deferibatur circutus, qui re@am EA verfus A pros
ducendam fecabit in Q. Super diametro EQ defcris
be femicircelun qui fecet pfam Hhyin L.  Tum
centro A radic AQ & centro E radio EL. defcriptig
eircalis fibt occurfurie (**¥) in F, deniqie” centris B
& F d:feribantur per A e¢irculi; quorem arcus ACB

ADB formabunt Lunulam ACBDA defideratam.
: Et enim (7)) EL media pfoportionalis intet
AR & EQ, 1.e (Conftr.) EF media propertionalis in-
ter AE & AF +~ AE ideogue (§. $7.) exterior Trili
AFE angolus AEC triplus intericris £,  Porro quia
(Conftr.] HQ = HK = 3AH; erit HQ? = 4AH®}
hidge HQ — AH? feu (3) AQ = 3AH*z 3AE?, i.e.

; B AFQ
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4F* == 34E*, Brgo (§.13.) Lunula hze erit dus
‘pia Trianguli reiilinel 4EF,

(* Aliam conftra&ionem calculo Algebraico elicitam
fed viz =zque concitnam dfferc RRAFFT Geom, S2bl. T 1,
§. 157, (**) iHos dirculog fe neceflario {eQuros efle fae
tile probatut, Nam quia AE « EL, erit rrmo 4E « 49 +~
EL; & porro AL +~EL 5 2AES ac AQ « (HQ=HK =)
2ALE ; confequenter AE -~ EL » AQ few 2:do 4E » 49 «
EL, Cunfergo diflantia centrorum AE fit miner quam fums
sma & major quam differentia radiorum AQ EL, oportet

circules fe mutuo fecare, (y) EUCL, E|, 11I, 31, V1, 8.
(z) EUCL,EL L. 474

Coroll. 1. Quia (4) AL eft mediad ‘proportionalis intet
AE & AQ; & AQ > AE (quia AQ? = 3AE?): erit AL »
AE; Hin¢ AL® » AE?, ideoque AL? + AE? feu EL® 5
gAE*;'unde EL> = AL* > 3AE®, At AQ? = 3AL%; era
a0 AQ* & EL? = AE*; h, e, AF2 & AE? + I.',Fz Er-
go (¥) angulus AEF acatws; adesque dimidius ang, conves
xiratis AEC erit obtufus & arcus convexus ACB femicircw-
lo majors cfr, Cor, 2,

Corod, o, Pofico 4E =i, eft AFg = (AQ2 3AE2 :j
3y & EFg= (EL§=AE,EQ ==) 1+ v3; datdr ergo
in nomeris tddo Jaterum Tridoguli #EF  Hine vario modo
per dalculum Trigonometricum invenirk poffunt anguli, In
p &lenti dutem cafa maxime commedus & fimplex eft; qut
fequitaf, 1A Tnangulo PAF #quicrato et Sinus te-
tus , quem feipesr ponimas = 1; ad Gof Fi:aPF;AF:

B3 ()
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(¢) 2EF: AF + 4E:: (§. 17.) 2AE:EF, Erge Cof F 3

EE. . \/ . : : :
oAl 1 + 3. Hujus logarithmas quam feri pote

eft tum fac:!e tum exade fic invenietur, Quia (*) generae
tim Sin 9 + Sin B =3 Sin 91:55 » Cof i %;
2

Atqul 1= 2 §in 30° & 3 = 2 §in 0Q°; erit Cof F* —
1+ V3 Sin 30° + Sin 6o° ;
B Dl a = Sin 4¢° %4 Cof 15°;

2
adxﬁoqae Log Cof F== % (Log Sin 45° + Log Cof 15°) =
9.9156977, pofito, ut in Tabulis folet, Sinus rotius Loga-
rithmo 10,  Ergo F = 33° 22" (*%) fere, 3F feu AEC -
103° G,arcus convexus ACB = 200° 1, 2F feu FAE =
63° 44 = ADB arcui concavo. De ca(ero quia Pm =
1—Col *,erit Sin F= 2 Vz- y3,

Coroll, 3, Latirude Lunclz hujus (S, 7.) CD eft =1 %
Vi+ V3=v3, Er qoia refa AB: AF;:2 Sin F:1, ficBs-
fis Lunuwle 4B = v3, V3 —y3 = V9—3v3 = V9 — /33,
Denique drea Lunwle == 2 & AEF = 3 AB " EF =i Vi

Vi —v3 VIi+ ¢3 = 3V6v3 = 3 Vtos—- V:;.
(4) EUCL, VL'13, () L 48112, (¢) VI, 3,
(*) Inledn, til Trigon, Plana Prop, 7, & quia anguli 2,
A + D
2
(**) Hic angulug vel eum metiens arcus a KRAFFT
(Geom, Subl, T, 1, §, 167.) al’furmtur 34° 16, unde in arcum
ACB redundaret error circiter 37,
CASUS

» D funt zquidifferentes,
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CASUS II. Fig 4.

$ XIX. Quando w:iw::3:2, en aliud priori
affine ‘

ProvreMA Triengulum AEF conflitvere, cujus bing
lotera 4F, AE fint in data raotivue, atque anguys
AFE ad bafin duplus enguli ad verticem a (*).

Aualyfis. Bifecante re@a FG angulum AFE, eft
"GFE = GFA — A, FGE = 2A = AFE, AG = GF3;
Trilum FGE ) AFE ideoque AF + FE: AE::
(FG + GE feu) AE : EF; quare reftangulum
- AF + FE % FE= AEgq. Affamta igitur reftarum
AF AE alterutra pro lubitu, quo ipfo ob datam
(hyp.) earum rationem dabitur & altera: datur di
&um re@angolum magnitudine; guippe (dem.) =
AEqg dato. Eo itaque reducta eft qualtio, ut inves
niantur latera FE & AF + FE retanguli magnitu-
dine dati, quorum datur differentia AF. Unde
h&c deducitur :
Conflructio. Jungantur ad angulos reftos vel da-
tze vel in data ratione fumende& ret® AF AE’; Bie
fe@a AF in H, in HF produ&ti capiatur HU = HE/,
tam centris A & F intervallis AE' & FU defcribens
di circuli, i {ibi occorrant in pun&o aliquo E, obs
tinetur quafitum Triangulum AFE. Vel i placet,
jungatur HE, a qua abfcindatur HK = HA, tumque
, ex reftis AF AE' EK (fuper AE'tanquam balfi)
conftruetur par Triangulum AfE"
: Nam fi centro H radio HU = HE’, fuper UA
produ&a defcriptus concipiatur femicirculus UEO;
: erit
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erit (d) AU % AO = AEq i. e. quia (conflr.) AO
= FU =FE, AF + FE % FBE = ABg¢, ut oportuit.
Bic & (¢) fequitur effe Af+ fE = fE' = AEq Ca-
terum identitas Tr:lorum AFE AfE' feu confenfus
conftructionis utriusque vel inde mox patet, quod
utraque ipfarum E'K (feu E’f) & FU (feu FE) fit
zqualis differentie ipfarum HE' & HA. Pari {im-
plicitate e commendant binz hz conftruiones,
nifi forte quod vel prior vel pofterior tantillum
praferenda videatur, prout fuper re&a pofitione
data vel AP vel AE' conftruendum fit defideratum
Triangolum, Intelligitur ex jam diétis quomodo

- (*) Hoc problemate tanquam magis generali compres
hendicur EUCL, Elem, L, 1V, Prop, 10, ubi ratio. laterum

ponitar ratio zqualitatis, (2) cfr, EUCL, II, 14,
(e) ex I, 16, 26,

§. XX,

Conflruenda [t Lunula, cujus angnlus convexitatis
fit ad angulum concavitatis nt 3 : 2. '

Dudtis ad angulum reftum duabus refis zquas
libus AL, LN longitudinis arbitrarie, fumatur in
LN produta ipli AN @qualis LF; jun&a AF fiat
perpendicularis AE’ =. AN, Bife&ti AF in H, in
HF produta capiatur HU = HE'; dein centro F
radio FU & centro A radio AN vel AE' deferiban-
tur circuli, qui fe mutuo fecabunt (¥) in E. De-
nique centris F, E per A defcribantur circuli: ho.
rum arcus, qui ab F verfus E cadunt, Lunulam
' ' ' ' ACBDA
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ACBDA defideratam comprehendent (*%). Eftenim
AEq = LFg = ANg = ALg+ LNg = 2ALq, & 4Fg
= ALq + LF¢q = 3ALg; adecoque 4Fg: 4Eq :: 3:2.
Praterea ex conftruitione collata cum §. 20. fequis
tur effe ang. AFE = oFAE feu AEC. 4FE::3:2::
4Fg : 4. Conftat ergo propofitum (§§. 12.10.),

Coroll, 1. Quia (dem,) FL* = AN® = 24Lg, AF* =
84L% HU? = HE> = HA*+ AE* = % AF* + AN? = }
AL>+2AL* = **4L*, HF* = LAF* = }AL*®: erunt
AF = AL . V3, AN feu 4E = AL,v2, HU - HF i, e,

FU feua EF = AL, lﬂ‘_:_wﬁ_; .adeoque AF, AE, EF inter

fe ut 2¥3, 2V2, Vit — ¥3, fea ut 712, V8, Pt — 733
& quadrata earom ut 12, § & (M+3 —-2F33=)14—2
V33 (=14 — V132) < (14 — V121 =14 - 11 =) 3. Er-
g0 quia 12 > 8§ + 3, u fortiori erict AF* » AE* +- EF*3
confequenter ang AEF obtofusy AEC acutus & arcus con-
vexus ACB {emicirculo minor,

Coroll, 2, Ob MHofceles Tr, GAF, eft Cof FAE =
F FE o
.A_-z () AF + — (Cor. 1) Vit + V3 :}’nz’ti’ﬁ’
2AG 2AE 4¥2 8
cui Cofinui refpondent 26° 49’ circiter, Hinc 2FAE feu
AFC = 53° 38" & 3FAE vel 4EC = 80> 26 ; arcus cone
vexus ACB = 160° §3, concavus 4DB = 107° 16, De cxe
tero prodit Sin FAE — Vo — #3a.
4
Coroll. 3. Pofito radio convexitatis 4E = 1% fit radius
C éoriche
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concavitatis AF = V;; dyi'antu l-‘fnl-fom';' EF mct p%;i?
N e 1 S : 03b8 ; : |~ pA =
S i . sbeniseto me (§ ?-) '?P:”‘f 1'% T

aP i WM s - W
%:1—“&,;84/& —(QAF ”Sm
4 +V33.

AFE = 4 AF, Sin % AFE, Caf ,.A;EE ::fConz) 1,8
V9 =P335 drea = 2 Tl‘lang AFE eth _?B".“LF_’ _‘ ¥

V6(9—F’33)- G T hn :
(*) Quia fcilicet AF > AN-> F‘U & AN i- FU >
AF Nam per Cor, 1. hujus Sphi funt AF, AN, FUut
» P8y Vit= 73, Be PR ! (R =)'%, Vi » (P =)
3, V:; e (Fg'=)el !tleoqtre R Il S f-;:*'"’a
_2—__—-.:_53:’7:::" 7“’""‘")?’12. TR o= £ 2 g
* (*¥*) Sponte pater_eandefs feu” geminam Huie Hakulig
maox ebtineri, fi centris U; Fi'intervallis' FL;'F A 'deferiban~
tur verfus KU circuli, adeo vt linventione. puhdi K. fea
confiru&ione Trili AEF opus non fit, quzm ideo fantum
#dhibuipus, do §phus hac’ prmienu mi¢hus refpenderet,
sCex EUCL. Efem, VI 3, = HY 4 9, T

CASUS IVss. Figobn.,

T KX XKIL Efto mws PS5l feu ang FAE""4AFE,
'nnde exfurgit: hoc

FROBLEMA, Data ratione lutévum AR JE’-— a:rh,
conflruere Tridum AFE, cujus angnlus FAE ad verticem
' f't qzudr uplus- anguli AFE ed bafwikf ¢ i

Ana-
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%0\ Aualyfis. Re@z AQy AP, AR dividant ang FARE
sn- quataor :partes-inter fe-ad:oque Chyp.) ﬁfagulas
angulo AFE 2quales: erit fic (/) AQ = FQ, A

i< QR Tr. AER U2 'FEA & Tr. AEP U2 QEA
unde = EF, EA, ER & < EQ, EA, EP, 1.1&0-
que \e) EF: :?P_ EQYER: (EF EQ.: EP — ER, 1.
) FQVPRIG #4h 1V FR % FQ : FR % PR, qua
jgitur ratio ‘datur. At, ob Tr. ARP U2 'FRA; eft
FR % PRIz (AR*=)'QR%, " Datar itaque ratio
FI( e Fﬂﬁ_ ‘9R* —-a % b:b  Hinc, fi QR pro ar-
‘bitrio affuomatar ot data, datur re&angulum FR
FQ'magnitddine, & laterum differéntia QR, unde
(cfr“§ 19.) ‘dabuntur ipfa, & demque tota ﬁgura
atque Trlang FAE £

(‘onﬂrm%o Statuantur re@z ,QR—:z & RE=V -
in. dnre&um, in EQ produlta capiatur 95 quarta
,prc)poruona'lls iplis ER, RQ, ‘EQ; fuper diametro
RS fiat femicirculus, qui in # fecet reéam ipfi RS
in Q perpendicalarem. Bife&td QR in O, capiatur
OF — OU,', Denique centro Q radio QF atque cen-
tro R rad}o RQ defcribantur circuli, quorum inter-
Feio fic"4 (fecabunt autem fefe hi circuli i fue-
1it FQ <2QR): tum junétis AF, AE, vel AR, AE:
Triangulum AEF vel REA propofito fatisfaciet,

Nam () 52 = 98 =QU* = OU* — 0Q* =
OF: — 0Q: = OF =0Q x OF = 0Q = FR x EQ,

At SQ .~ QR :QR? ::8Q:QR:: (conftr.) EQ:ER
S C 2 s G
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st 8+-b:b Ergo FR%FQ:9R*::a+ b:b ut
oportuit. Cetera ex analyfi patent. Jam facile erit

(4) EUCL, EL-¥ 5. 32, VI 4, Ce) vel per VI, 3,

§. XXII,

 Conflruere Lunulam quadrabilem babituram angus
lum comvexitatis quintuplum anguli concavitatise

Nimirum reétz ER pro lubitu fumend=z fiat per-
pendicularis EN = 2ER, & in ER produfta, capia-
tor R = RN. Datis {ic QRE puntis, determinen-
tur, ut in §. przcedenti, punfta F, 4 (*). Tum
centris B & F defcribendi per A circuli formabunt
(intra angulum AFE & huic geminum atque ab
altera re&tz FE parte fimiliter pofitum BFE) re-
quifitam Lunnlam ACBDA. Etenim 9R* = RN?=z
ER? +~ EN? = ER? + 4ER? = SER’; atque angul.
AEC = AFE + FAE = (§.21.) AFE + 4AFE =
§4FE.  Ergo (& 13.) Lunula = 2 Tr, AFE.

Coroll, 1, Pofito ER == 1, eft AR == QR = s, E%.RQR

feu QS == s+ Vs, RQ.QS = 5+¢ v§ = QU?, OU*=
QU* # Q0* = QU* + 1 QR> = ¥ ¢ ¢5 = OF%,
OF - £ QR feu FQ = ¥ \I'Qi 20 f =i 5= L Vs
(Vs +4a Vs — 1)y ER ~z0R +~OF = r 4= % y5 +~1
J25 +— 20 v§ = EF = EF = ER == 4Fg. Sant itaque 2li
ARE latera ER AR AE, vel illi fimilis ali FAE latera 4E 4F

EF inter fe ut 1 vy, Vi + 3 V5 3 Vag + 20 /5 relpedive,
Caroll,
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Coroll, 2, Quia (Cor, 1,y EF*:AE* & AFt 11 4 §
fe4+ 1Vig 20 V5:6; atqui & 5> (2 Va=) 1, & &
Vas+20 5 » (3 Vas k0.2 = 3 65 » 3 V64 =2=
4: erit EF* » AE* + AF?, adeoque ang FAE multoque
magis 4EC obtufus, & arcos tonvexus 4CB femicitculo mae

gor. Atque ob FE > FA vel FD, cadet centrum E intra
pfam Lunulam, fecus quam in cafibus fuperioribus,

Coroll, 3. Cum in Tr:lo zquicruro ARQ fit Cof RQA
e AQ L EQEy o odie (Cor, 1) huju§ anguli = = AFE
= 3R =20 " i .
= i FAE = 2 AEC Cofinus = § V5 %4 7§ — 3 = Cof
46° §2' citciter, Sunt itaque proxime arcus comyexus ACB
= 234° 20 & concavus ADB = 46° §2',

Coroll, 4. Alfumto ex, gr, radio convexitatis AE = 12
exprimi poffent, numeris quidem furdis exade, rationali~
bus autem quam proxime, hojus etiam Lunule Latitudo,
Bafis atque Area,

(*) Per Cor, 1, eft FQ:2QR ! JW L 1
At 4¥5 = V30 < 0, quare V§ & 475 < (P14 <)4, ideoqué
Vi +4/5 =14 3 « 4, Ergo FQ < 2QR, confequen-
ter (§, praced,) circuli, fuo occurfu pun&tum A definicuri,
fe omnino fecabunt,

CASUS V. Fig. 6,

§. XX, Denique cafus m;n::5¢t3 refolvie
tur in hoe ‘
C3 Pao-
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" PropreMA. Exbibere Triangulum AEF, cujus an
gn?m EEA> ad bafin: EF. fit. fesquialter aﬂguh ‘EAF ~ad
werticent y data ratione: laterim -AF : AE — a: b, :

9 Apalyfis. - Puta faltum & anghlum AFE recis
FO TP dmfum in tres. partes aquales , fingalas
ergo (hyp) ==} EAF. - Erit {ic ang AFO = OAF
= EEP} (JF Cg) = 04, Tr. EAF =« EFP_ideoque
4F: AE - i PPLFE (b) PO:OE :: @:b. ‘Prazterea
(h,r OF feu AO 2 AF #PO : PA, ' Hinc (7) 40 : 4E
» POg : EO % 4P,  Si jam EO OP, quarum (dem.)
datur ratip, ponantur datz: datur ipfis tertia pro-
portionalis, quaz {it 2§, atque punctum S; & ob
(F) OPq = EO = PS, erit (dem ) 40 : Ab : (EO
b PS:EO « AP i:) Psiurideoque AO - (AE ==
AO.=): EO.:: PS': (AP — PS=) AS quare 40 % A8
= EO % P§ = 0pPg. Datur ergo magnitudine red-
angulam fub-reltis AO & AS, quarum (dem.) da-
tur dlfferentia OS, unde (cfr. §. 10.) dabuntur’ ipfe,
A'pun&um, ' OF = 'OA, 'AE"ddeoque “(ob datah
rationem ‘AF" AE,) #F, vel & EF,’ quippe que
(ob TY. EPP 1’ EAF) erit media proportionalis
inter datas AE & EP, confequenter F pun&tom &
Tr:lum AEF yel FEP. Hinc ratio patet Conffrue
ionis, quamad fpecialém ‘noftrdm! cafum ftatim
aptabimus, vxdelxcet L] 41
(9 BUCL, 15, (5 Vi3~ (Y Viohr.,,
b . .
Gyl ) 5. XXVI,
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st 6o . .';':‘ § er\; e . 2% % _‘_f._~-:-"

I z:vz(fa qz'qd’r alzzl;x, cujus m:gulm contexitatis f t
ad angubiom= concavitatis-ug 5235 deferibi boc modo
pot‘rlt. In ré&a indefinita EU fumantur EH: HK

<55 fupen EK ,.ad quam. erigantut perpendicus
I‘arﬂs HO & KL ;- deferibatur femicirculus cui-ocs
currat HO in O3 per punéta EO ducatur reta ine
definita’ EOLA, “in ‘qua ‘capiantur ipli OK&quales
OP,.LS; bifecetGriO8 vel®PL in M & abfcindatur
MA = MK; per pon@um. 4 fic inventum fiat ipfi
AE perpendicularis -vel-(J) ipli- OK -parallela, oc-
curfura ipfi U in. As.tum..centris. Q. & &m&x
0A & AN d:fcribantur cireuli; ‘hiteccurfu fuo (*)
definient punéium F; centris denique, EF _defcri-
bendi per, A circuli formabunt Lunulam’ défidera-
tam ACBDA Y,

o -'u v

Nam Ol‘r] o OKq o= (m) F‘K‘ > KH & E‘.Oq
HER % EH, ideoqie OPq ¢ OB4 : KFF I HE 130y,
Porro () — EO, OK vel OP; OL, atque ¢(ob 18
= O0P) PS*-‘OL ergo — EO0, OP, PS; &1o) 04
% A4S = (MAg ~ MOg—=MKqm MOg= QKq = =9
QPg3: denique AE : AF.(= AN ) : EQ ;(0K%)
0P, & OF = QA: quare (§ prac. ) ang EFA = %
EAF_ Ergo ang 4EC: AFE :: 53" (demt qu.
OEq::) 4Fq:4Eq, quod erat fa_cxcndum (S~ ddndes

LT (LY Corol,
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€oroll, 1. In =quicturo Triangulo AOF eft Sinus toe
tus 1 : 2 Cofl EAF :: AO vel OF : AF :: (p) OP : AP

£A0—OP uidez+s Cof EAP= A0 =42 - OM +ME

: or OK OK
_'OM + VOMg + OKq L o8+ VOSy + 4 OPg

, OK 200
Cquia EO 3 OP :: OP ¢ PS :: EO + 0P : OP
0S5 L LOEO #:0P. \' g 4y
PS feu 0§ adeoque T L T ,) 2
2EQ
OPI::V3:Vr- prodit Col EAF = Vs + V2o b4 ]

4¥3

L = Vig - V60 +- 6715 —3 = o, 8330387, quae

—
S 12

ye EAF = 33°‘3j'" 16 AFE = §0° 22’ 54, 4EC = g§3°
§8' 107,

Coroll, 2, Valet hic quoque Cor, 4, §, 22,

(*) Per Coroll, 1, eft AF fea AN : 2A0 :: Viy +
V8o + 671y — 3:18. At 15 < 4 ideoque Fiy
Voo +~ 671y — 3 < (4~ V84 — 3 =1+ V83 =
1+ 10=)n < r2 Ergo AN <« 240, quapropter fee
cabune fe didi circuli,

(/) EUCL;



TRY AR
() EUCL, HL3.  (m) IiL3n, VL8 7 (&)
VL3, (o) I& (&) VL3

& XXV.

Habemus ergo quinque Lunulas quadrabiles,
re&ti & ecirculo conftruendas, Has eo ordine pro-
pofuimus, quo minores funt numeri rationem m:#
exprimentes, atque I:mam, ll:dam, Ill:tiam, 1V:
tam, V:iam vocabimus. Quod f{i autem ratio ha.

' S O : 4
benda fit quantitatis 5 ? Quz exponens et pro-

portionis m:n & Denominator Lanule quadrabilis
dici .poffetz hoc ordine 1II, V, I, I, IV effent
collotandz. Ullam lL:tiz, {Vite & V:e mentio-
nem faftam noa vidimus., Caterum ut quinque
haram Lunularam comparatio, qua fingulas di.
menf(iones, eo facilivs, fi placet, inftituatur: fub-
jungimus_ hoc loco Tabellam, quaz ifas dimenfio-
nes numeris prope veris exhibet, pofito quidem
radio convexitatis AE omnibus illis Lunulis com-
muni & = I ;

¥

q ' D Lung.
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Arcus convexus ACB 18e°

Arci§ concavus ADB - -90°

Radius €oncavit, AF 1414

Diftantia Centror. EF rmoo

Bafis AB % 000 -
Latitudo CD .o..u.mm
Area 1,000

n

165K

I

68%°44. 107° 16 46° 52"

1.732

1.048

0019
,uh.w

LI

206° 11" 160° 53 234° 20’

1.22§
0.560
1.060

0,330

0.552

1v.

.Ppwa
2.509
1.779
1273

2.232

V.

167° 56

100° 46

“1.2901

0,718
1.989
0.427

Q.714
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Quoniam (EL Trig, PL) in omni Tr:to re&ili.
neo ut AEF eft AF: AB::Sin AEC: Sin ' AFC: fi
generaliter definiri pollent bini anguli qui {int in
ratione duplicata Sinu'm fuorum, haberentur (§6.
10. 12.) innumerz Lunula circulares quadrabiies,
Permultum vero abeft ut hoc in quovis cafu as-
fignabili praftari queat, . Quod fi tamen propofita
fuerit ratio (§. 13.) m:.#, angulorum {cilicet con-
vexitatis & concavitatis, rationalis: (funto etjam nr,
# numeri integri inter fe primi): eatenus folubile
eft Problema, ut exhiberi poflit zquatio folitaria feu
determinata & quidem ‘finita feu Algebraica, a cujus
conftruétione pendebit ipfa Lunulz delineatio. Cum
enim notantibus Y & B angulos vel arcus circu-
lares, atque s ipfius Y Sinum, 2 Cofinum, fit (*)
Sin (A+ B) =5 Cof B + 2 Sin P, & Cof
(A+~B) =2.Cofl B = 5 Sin B: patet, po-
pendo fucceflive B = A, 2N, 3 A &c., prodi-
turos Sinus atque Cofinus ipforum 29, 3 Y, 4 A
&ec. {cilicet anguli dupli, tripli, quadrupli & de-
mum utcunque multipli per s & z, nempe Sinum
& Cofinum anguli {impli, expreffos (1) Et qui-
dem, quod indicaffe tantum fufficiat, has fic obti-
nendas Sinuum pro angulis multiplis exprefliones
ingrediuntur poteftates ipfius s non nifli impares;
quamobrem, cum qualibet poteftas impar prove-
niat ex multiplicatione ipfius s in poteftatem ejus

D2 pro-
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proxime inferiorem adeoque parem, & omnis po-
tentia ejus par it etjam dignitas (firice talis, fcie
lrcet intégra, non fra&a) ipfius s5, pro quo ss fute
ftitui poterit 1 — zz: fequitur, Sinus angulorum
multiplerom m Y & # A hac forma fifti pofie:
SinmY=Z.s &Sinnd =2Z'.5s (**) ita ut Z
; :
_.Sn::a%l&z, Sin # A
&iones & quidem rationales atque integra.  Stas
tuatur jam angulorum quarendorum AEC, AFC
menfura (hyp.) communis Y, feu AEC. = m Y &
AFC = # : vi eorum, qua difta funt, requm-
far ot Z2 7 a0 Y g ideoque (E) ZVu = Z'Viny
que eft ®quatio dcliderata unicam quantitatem ins
cognitam 2 involvens, &y fi conftrui queat, cone
firuta dat z Coflinum anguli 93 quo ipfo datur
A, acutus fcilicet fumendus ne fiat m A major
duobus reftis, quamobrem rejiciende funt iftius
@quationis radices negative,  Dantur itaque hoe

pato etiam ipfius A multiph A, m — 7 Y
i. e. AEC, EAF, quorum alteruter wna cum ratio-
ne data AF : AE = Vm : vV definit fpeciem Tr:hi
AEF, adeo ut Lunula quzfita jam confiruétu fic
facilis. Enimvero zquatio /£ praterquam in paus
cis neque, puto, pluribus quam quinque illis cafis
bus fimplicioribus fupra pertraétatis, vel cubica vel
fuperioris adhuc gradus fieri deprebenditur; proins
de difficilius, atque regula tantum & circino omni»
no non; confiruenda, -

fint ipf'us z fune

*) V:d.
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(*) Vid, paflim Scriptores Trigonometriz, ex, gr. De
1A CAILLE Elem, Math, §, 742, cfr, is, Inledn, (il Trie
gonom.: Plan, prop. 4.

(1) Lex generalis. fic exprimendi Sinum vel Cofinam
anguli quamcunque muluph, paflim expofita reperitur, ut in
WOLFII Elem, Math, T, I, p. m, 323, BASTNER dwal-
endl, Griffen S, 176,

- - Sin “
(™) Sic reperiuntar --—:2—2‘ =97 ¥ =

- Sin 4.9

--I’

- 1832

= 82 = 4z, . = 3624
)

P
Sin 69

5

+1, = 222° ~ 3227 + Ga, & fic porro,

§. XXVH.

Ut hac (§, 26.) Exemplis illuftrentur: funto

Imo m:» ::2:1, erit tunc (§. cit. not. **)
= 22y Z' = 1, unde zquat. lll. 22 = V2, feu

lldo m:inii3iloquare Z = 422 — 1, Z'=

1, adzoque 42z — 1 = V3, unde 2 = ! Vx_:T;
~ut fupra § 18 Cor. 2,

Mitio m:im:33:2 ut denuo Z =t 422 — 7,
at Z' = 22, hin¢ 42z — 1.V2 == 22 V3, feu 22—

—— = }, c¢ujus zquationis radicem affirmatie

D3 vam
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Vil -+ V3

vam fumendo, fit z ="
4vV2

ut antea G
20. Cor, 2. :

Wito m:m: g2 1, repentur mquatzo 162 =

122z + 1 = V5§, cujus radices afficmative {unt

= V; + 4V §; quarum pofteriore , quia i

magmarna, reje@i, eft z =1 Q/; 3 V5 4\!5
= Cof ; unde etjam 2 Col A~ — 1 feu Cofaﬁ =
V5 += .4 \Is -1

y ut fupra. §.22. Cor. 3.

4
Vito m:m::5:3. dat zquationem 16z — 4
(3 + V}) 22 + 1+ Vi = o biquadraticam, fed
pariter, inftar quadraticz, refolubilem.
At irm'imn iz g1, fit 42° = 22 4+ 1.
Sim:in:a:3, et '32’°V3 — 422 =2z V3 — I,
Sim:n::5:2, prodit 165% — 1228 =z V§ — 1,

Sx m #:15 4, oritur 2quatio biquadratica, cujus
“nuilus terminus deeft.

Sn min::6:1, /£ erit @quatio quinti gradus.

§. XXVIIL

_ Difficilius autem evadit hoc Problema de in.
venienda Lunula Circulari quadrabili, fi data fue-
xit non ratio m:#, fed alia aliqua ¢onditio, ex,

gr.



#)ssn (8

gr. angulus aut convexitatis aut concavitatis aut
Lunul®z, vel ratio bafeos ad latitudinem, &e. Ve- -
rum his immorari nil attinet.  Claudat igitur o~
pellam noliram fequens obfervatio: Lumule Oppofi-
te (8. 0.) [fimul quadrabiles effe weguennt, dum deli-
deratur quadratura circuli.  Si enim daretur qua-
dratura Lunulz utrivsque, data eo ipfo foret qua-
dratura differenti®z earum, qua cum fit ipfa inte-
grorum ecirculorum differentia (adje@o enim utrie
que Lunulz feorfim fpatio eas interjacente, prod-
eunt ipfi circuli ) atque facile (*) defcribi queat
tertius circulus @qualis binorum illorum circnios
rom differentiz: daretur emnino tertii hujus eir-
culi quadratura, contra hypothefin. Quid fentiens
dum fit, {i evanuerit diéta differentia, feu Lu-
nulz fuerint @quicurva: verbo antca
(§. 10.) monuimus.

(*) Cfr, EUCL, EL, XI1, 2, & VI 3,

S -Dv . G







CIDRELNGE - 3
Vit -+ V3

vam fumendo, fit z =
4V2

ut antea §.
20, Cor, 2 | ey '
| Wito msm:: §:1; reperituf @quatio 16zt —

122z + 1 = V§, cujus radices afficmativa funt £

) V5 +— 4V 5; quarum pofteriore , quia i

magmarla, rqe&a, eff 'z =1 \/‘ + 3 Vg + 4\!5

= Cof ; unde eqamzCof%( ~ 1 feu Cofz?l =
V5 =4 d; o
+
Vito m:m::5:3. dat zquationem 16z* — 4
(3 + V§) 22 + 1+ Vi = o biquadraticam, fed
pariter, inftar quadraticz, refolubilem.
ARt fi'rmiim iz g1, fit 428 = 22 4+ 1.
Simin:rar3, et'32’°V3 — 422 =2z V3 =1, |
Sim:n::5:2, prodit 162* — 1228 =z V§ —~ 1,

Sx miniis 4, oritur 2quatio biquadratica, cujus
“nuilus terminus deeft.

Sn min::6:1, [E erit quatio quinti gradus.

ut fupra. §.22. Cor. 3.

§. XXVIIL

‘Difficilius autem evadit hoc Problema de in-
venienda Lunula Circulari quadrabili, i data fue-
Tit non ratio m:#z, fed alia aliqua conditio, ex,

8T,

e



B)an (B

gr. angulus aut convexitatis aut concavitatis aut
Lunulz, vel ratioc bafeos ad latitudinem, &e. Ve- -
rum his immorari nil attinet.  Claudat igitur o-
pellam nofiram fequens obfervatio: Lunule Oppofi-
te (§. 0.) fimul quadrabiles effe nequennt, dum defi-
deratur quadratura circuli.  Si enim darctur gua-
dratura Lunulz utrinsque, data eo ipfo foret qua-
dratura differentiz earum, quz cuom fit ipfa inte-
grorum circulorum differentia (adjeto enim utris
que Lunulz feorflim fpatio eas interjacente, prod-
eunt ipfi cireuli ) atque facile (*) defcribi queat
tertius circulus. @qualis binorum ijllorum circnio=
rum differentiz: daretur emnino tertii hujus cir-
culi quadratura, contra hypothefin. Quid fentiens
~ dum fit, {i evanuerit diéta differentia, feu Lu-
nulz fuerint @quicurva: verbo antea
(§. 10.) monuimus,

(*) Cfr, EUCL, EIl, Xll, 2, & VI, 3/,
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